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\ 

Let L be a reducible continuous geometry, and Q the se_t of aU maxi'mal neutr~l i4~t/' ·· 
,Jin L. Kawada-Matsushima~Higuchi p)<ll has proved that Lis isomorphic to a sublattice 

' of ll(L/J;JeQ), where L/J are irreducible continuous geometries. In,this paper, I apply;;,_, 

. this result to a reducible continuous regular ring m, the set Rm of all principal· .right ideals · -

of m being;a redud.ble continuous geometry.·- And I obtain an embedding theorem of'Bl. ' .. 

· (Cf. Theorem 3-2, below.) 
J· ' 

§ 1. Dimension Functions of Redtrcible Continuous Geometries. 

Let L be a contjn'Uous complemented modular lattice, i. e. a reducible continuous· geo- · 
. ' . • , I ' 

mertry, and Z the center of L. Then Z is a complete Boolean algebra'. Denote by_ 0-

,J~.•, ~.~t ·of ~ll maximal ideals 'I of Z. For any zeZ, let E (z) be the set of. all maxillial 

, ideals which do not contain z. Using {h'(z); zeZ) as an additive basis for the open sets 

of'Q, Q is a tofally~sconnected bicompact,Hausdoff space. T. Iwamura (1) proved-that . . 
for any aeL, there is a continuous fun~tions D(a}=iJ(a,'I) defined in .Q, which has the 

following properties; 

(1 0) , 0:5D(a);St, D(0)=0,, D(l)= 1. 

(2°) a>O implies D(a)>0 . 

. (3°) when zeZ, iJ(z, '/)=0 or 1, according ~s ze'/ or not. 

(4 °) D(aVb)+D(aj\b)=D(a)+D(b). 

(5°) a frb are equivalent to D(a)~D(b) respectively. 

LEMMA l • !• For any aeL, let a rial n-urnher m(a) be defined as foll,ows: 

(a) lO;Sm(a):51, m(0)=0, m(l)=l, 

((1) zeZ implie.~ m(z)=0 or 1, 

(r) m(aVb)+m(a/\b)=m(a)+m(b). 

· -'}f lld i=(z; m(z)=0, zeZ), ·J=(a; m(a)=0). TJ,,en 'I is a maximal ideal in Z, and J is a, 

'{,'.~i~wl 11£.idral ideal in L . .And aeJ wl,,en and only wlum 1n(.Aa1.A 1 )e'/ (n=l,2 .... )12>. 

· -PttooF: · Cf. Ka wada-Matsushima-Higuchi ( 1 ). · 
THI<'..OREM 1 • 1. Let J be a ma:i:imal ii£•utml ideal in L, and 'I a maximal ideal .in z. 

Tl,,en 

(1 0) 

(20) 

'l(J)=(z;.zeJ, zeZ) 

· J('I)= (a; iJ(a,'I)= 0) 
r 

is · a 'f/Ul,:J:imal ideal in Z, 
' 

is a rµ,a:i:imal 11£'utral ideal in L, 

(1) The numbers in square brickets refer to the list given at the end of this paper. 
(2) · For the definition of r,,(A.,,Ad ct. v'. Neumann [I] III 30. 

\, 
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1; .:'(3°) . 'l(J('l))=,'I;. J('l(J))=J,(i) . 
*- ,, 

• \P~ooF. (i) It is evident that -tJ(J) is a:O: id~al in ·z which does not contain I: ,:u 'l(J) 

{~J,110( rilaxinial, . then . there ;exists ·a.n: id,eal J suer a~ 'l(J)<N<Z. . Dlnote by ,l(l) the ... 
~l . , ' ' - . . . ' . I ' , • ' 

,§e,f Qi ,all aeL such as· a~z for some z$l; Then l(})is a .neutral ideal inL, and J< T(j) 

#i:.; This eontrai:Jicts t~ the fact :that J is maxhnal. Hence'c.'l,(J) is· l'Jl~imal. 

,'.(;,Jii) ; ::rpra fixed 'I, a(a, 'I). has the sa'm~ pr~;etiesas .m(a) in. Leml)la t ·1, hence J{'I) is 
a/.11µ:a.xima.l neutral ideal in L. . ' ... 

t,\ /~i~iJ.> z~'l~cl(z,'I) = O~zd('I )~ze'/(J('I)). 1 · 

.lienc~ · 1. = 'l(J('I)). 

,'. :· (iy) · By (i) and (ii), J('l(J)) is a maximal neutral ideal in L. If J;+J('l(J)), then by 
'if._:•- . , I , \ • 

:t~tnma l •1, there are aeJ an~ n>0 such that rn(Aa,A 1 ),$1(J). Since 

.) '.(r,;(Aa,A 1 )J=n(rn(.Aa,Ai)l\a)+(pn), , (pn)<Cru(Aa,A 1)/\a),(2l 

~~d: f ,.(Aa;A 1 )/\aeJ, Wt, have rn(An,A 1)fJ, which contradicts to the fact' 1·n(AaA 1 ),$'l(J). 
:'l;~refore J=;J('l(J)). . . . . . . . . . . .. . . . 

. ):;theorem 1:) shows that there is. a one· to on~ correspondence between the rrraxi~al 
',,,,. . . 
-i~ai{i.n z and the maximal ne\ltral ideals in L.. Hence we denote by the same !l the 

' . . t . 
, .st:t. bf all maxuflal :·neutral · ideals in L. . 

:.·'p,imo~e ";a~i/(J),. when a\/b.:.(al\b)Vt, teJ. Then ''::::(JY, is a ~ongruen~ relMipn. 
~--· ·_ .... • ' .. ' . ~. ' ' - " , . ' ' ... ___ -1 ' -.. ' . ~' -:"'·f, ,-',•;_:··/'.· .. /~ 

:tit¾qe we cin define a/ J,;,(x ;:r~a(.:T}); · L/J d:i(a/J ;at.L). N~w we have the followiti~ et'u'.:: 
'bclidirig th~orem of continuous complemented modular lattices, which has b~en obtained 
1hi Iwa,i:nura (1) and modified by Kawada~Matsuslrlma-Higuchi (tJ. 
· · .. ,:.r~~O),'tEM .J • 2. ,Every L/ J is an irreducible continuo·a.s comzJlemented modular lattice,' 

,&n/ L, is. carried into (a part of) the zrroduct 1/(L/J;JeQ) lattice-isornorpl~ica_lly' by the 

t;,;a1~sf01.:1nation a➔(a/J;Je!}). . 
>,;- ,,:--.:.~ . ,, . • \ . ' •': ~ow we have the foBowing theorem: 

/fIIEOREM 1 ·3.(3l Por every aeL, if we define a real valuedfanciion fa('I) ('JdJ), sw}/i that 

. ·\ (c,c), . .~ Os.{a('/);£1, for rd/ -'Jell; . . • 

{ >;: /j1) whe~i zsZ; f z('I) =0 or 1 accordi;ig as ze'I or not, 

.·• ,'.',(r). fayb('l)+fa. ,b('l)=Ja('l)+fb('/), 

tMn, fa('!) is unig•~ely di!"rmined and fa= D(a). 
',"'<i.·, ' . . ' . . ... . . ' . 
, PROpF. (i) Since 'l=(,;/z('l)=0)=(z;/J(z,'1)=0), by Lemma 1 · t,Ja(1)=0 when and only 

, Ir' . . • 

· when /J(a,'I) = 0. . 

,_.;;·(ii), When a=b(J), let d be such that aVb=(aj\b'flyl/4l thendsJ. HencebyTheo,rem; 
.. ' -, • ' , ' • • ' 7 ; 

J'1, o(d,'J(JY)-:::::0. Therefore by (i) fd('/-(J))=0. Consequently fa,b('l(J))=faAb('l(J)), 

' tlra,t is, fa('J(J)}= f b('J(,J)). 

· /)iii) · From (ii), we can define m(a/J)-=:=f('l(J)).•. Then m(0/J)=0, m(t/J)= 1.,Applying 
'. ' > • I , ,~ • , ., 

,_-., ·,·•I 

~ ;,,•it) . :Th\s theorem is obtained by Kawada-Mati.ushima-Higuchi (lJ, where J('j) is defined as 
:.. ··>/-'·\ (a;,rn(Aa,A 1~;1, n= -1,2, ...... ), wbic,h is equivalent to (2~) by Lemma l • I. Using O(a,'J) the 

, :pr.oof is somewhat simplified. · 
· t2)· v. Neumann (I] III 30. Here (a] means Aa. 

:, · (3)· Abo;_.t this theorem, l am much indebted· to Mr. U, Sasaki. . . ' ' . .. 
('i) ,c -.a1 E/3 ...... Ei:)a,. means c ~~1 v: ..... Va,. and (a1, ...... ,a,.)_l_. 
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v. Neumann (1) I 72, Cor. l to Lj,l, we have, m(aj,l)=o(a,'!.(,l)).· Since this hoJds fo.r·al.f, 
,_ '; '•' 

Jd2, we have f a(1)= iJ(a,1), that is, fa= D(a). 

REMARK 1-1. Let r1*2L, then L* = L(O,a*) is also a continuous compl~mented ~oclul~r. · 

lattice. For u2U, we_ have two dimensions, that is, D(a) as an element in L; and ·.D~(ciJi 
as an ,ele.nt in L*. By v. Neumann (1) ~11 Theorem 1·6, the c,enter Z"' o~ L*'~•lhe·: 

set (zf\a* ;z2Z). Bence between tl.ie maximal ideals 'I in Z which do not cont~in $*) , 
: . 

and the maximal ideals 'I* in Z*, there is a one to one correspondence: 

1➔1* = (zf\a* ;z::.'I), 1-*--+'I = (z; zf\a*e'j*). 

Let (tf,2E(e(a*))), 

then/a('/'') satisfies (a), (r) in Theorem 1-3. For z*=zf\a*zZ*, 

r *('I*)- o(zf\a* ,'I)_ o(z,1)/\0(a* ,'I) . 
. 1'J(a*,'1) - o(a*,1) 

Hence /n('I*) satisfies ({i) in Theorem 1-3. Therefore fa('l*)=o*(a,1*), that is, 

'*( ~*)- a(a,1). 
0 u,ir - o(a*--:1). (e(a*)t1) 

§ 2. Rank of Continuous Regular Rings. 

.._ ~', ~',. • \ • l 

\ 't• ,. 

' .. ,. .. 

Let )R he a continuous regular ring, that is, the set RI)/ of all principal right idealfi 'iti'. 
m is a continuous complemented modular lattice. And the set Lill of all prbicipaI~ 1eft 
ideals in m is dual Iattice-iso"morphk to .Rill. Then there are unique dimen·sion f~cti~, 

I i((fl.),) and D'((a)z) in .R,Jl and L91 respectivly. The center Zif! of R91 (and Lin) is cdriipq$-, . .- . •, ,,., 

-~P. of all two-sided principal ideals (1)*' where 1 are idempote{ltS in the centrum g.:cfm~ 
. . .·, ·, 

But the set .Be of all i:clenipotents in 2 is a Boolean ring, and it is lattice-isomorphic:; ; td 
Bm under the correspondence 1•+(1),._. Hence we may use the same symbols 'f, for lhe 

' ·•1• :·. 

maximal ideals in .Be and in z:~l· 
D1-anNJ"rJON 2 · I. · For ae)R, vJe denote by 1(a) the smallest idempotent r; in '8.e sw:;hj• 

that a=1a=7ju. • 

. LEMMA ·2.1. In R,/l, we have 

' (i) e((a)r )=(1(a))*, 

(ii)· (a),~(11)r implies 7j(u.) = 7j({3), ' 

(iii) a factor-correspondence between (a)r and ({J)r i1n11lies 1(a)= 1(/J). 

8irni/,arly for Lill. 
PROO!'. (i) Since (a),;£(7j)* holds when .and only when a= 1u.= a7J, we have e((a)r)~(7j(it)h., 

(ii) Since (a),~(/3), implies e((a)r }= e((f3)r ), we have 1(a)= 7j(/3). · '· . 

(iii) If tp, </• are speci~l factors defining the .factor-~r;esponden;e between (a);'.· and'. 
(11),, then by v. Neumann (1) II Lemma 15-2, (a)r=(~)r, ({3),=('f)r, <pi_='f ,where 2~cf;'f}_:, 
Theµ (e)! =('f)!. Hence by (ii) 7j(o.)=71(e)=7j(tp)=7j(/1). 

\ 

Lt:ll-E\IA 2-2. The center_ of L((O), (r.c)r) is ((7ja)r ;1d3 e ). ' 
I . . , • 

PROOF. The center of L((O),(a),) is ((1*/\(o.),- ;1ji.8e), and (7j)*/\(a),=(1a),. . .: . 
' \ . ' 

LKMMA 2-3. If there 'i.~ a faclor:mtre8pondenee between a and b in Rm, then D(a);=-P(b); 

PR0Ol<'. (i) As in the proof (iii) of Lemma 2 · 1, <p.<f being the special factors, (a)r =(2)~, 
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(/3.)r·= (<p)r, cps= <p, ¢<p= e. And the given factor-correspondence generates a lattice-isomor

phism of L((O),(e)r) aud L((O),(<p)r). · By 'Lemma 2·2, any element of the center of L((O),(a),) 

is expressed as (1Je)r (1e3e), then the;element of the.center of L((O),(<p),) which corresponds 

to (1jt)r is (<p1je)r = (1J'l]e)r =(1J<p)r. 

(ii) F?r a0eL*=L((O),a)~ by Remark l•l, the d\mension of a 0 inf,* is~~o/i}where 'I 

are· the maximal ideals in Z:w which do not contain e(a)=e((e)r). BU;t by Lemma 2-1. (i) 

w.e may consider 'I as the maximal ideals i~ Se which does not contain 1J(e). 

(iii) Let 6 0 be the element of L**= L((O), b), which corresponds to a, by the lattice

isomorphism of L* and L**. B.:y (i) the corresponding elements of the centers in L* and 

L** are expressed by the same 1eBe, and by Lemma 2· l (iii), r;(e)=1J(<p). Hence by (ii) 

r~(ao, ;1)_iJ(bo, ;1) 
8(a, ;1) iJ(b, ;1) 

Thus there exists a real constant U such that J(li 0 , 'l)=Ci3(a 0 , 'I), that is, D(b 0 )=CIJ(n 0 ) 

for every n0 , 60 which corresp~d. 

(iv) Suppose now that n,$6. Thyn there exists a 0, such that a=(aj\b)8,a 0 , whence 

Oo-·/\li:$;n 0 j\aj\li=(0), n0 =j=(O). Let o0 correspond to n0 , then o0 =j=(O), and the factor 

correspondence of n, fl generates a lattice-isomorphism of L((O), n0 ), L((O), li 0). / Since 

a4j\li 0 :Sa0 j\li=(0), this isomorphism is a perspective isomorphism.m Therefore a 0~li 0, 

wh~nc,e D(a 0)=D(li 0), and G'= 1. Thus n$li implies D(a)=IXli). Similarely a~li implies 

D(a)=D(b). ' 

LEMMA 2-4. (a)z =(19)7 'implies IJ((a)r)=D((t'i),). 

PRO?F- Since (a)z =(/3)1, there exist <p, ¢ with /d=<pa, a=¢19, whence a=cf;<pa, fJ=<p¢fJ, 

~nd <p1 cf are factors of a facto;-correspondence between (a)r aud (19)r• Hence by Lemma 

2·3 we have D((a)r)=D(({1)r)• 

THEOREM 2• 1. IJ((a),)=D'((a)z). 

PROO}'. From Lemma 2-4, (a) 1 =(fj)1 implies a((a),., 'I)= J((19),.,f). Hence for any element 

(a)zeLm, ,we can define a function J;a)z{'l)=fl(a) 1, '/) such that f((a)z, '1)=1"J((a)n 'J). Then 

0$f((a)1, 1)<1, f((O), '1)=0, /((l)z, 'l)=l, for all '/dJ, - and when 1eBe, f((r;)*, '1)=0 or l 

acc~rding as Tjc'I or not. 

Next: for any (a) 1, ({i)z let 

(a)1· =((a)z /\(f3)z )EB(,)1, ((1)1 =((a)z /\(fd)z )EB(J)z, 

.then (a)1 V(f3)z =((a),i/\(f3.))1EB(1)1EB(iJ)1. Therefore there exist idempotents eL, e~, e0 , 

such that (a) 1/\(/3) 1 =(e1)z, (r)z =(e2)i,' (rJ)z =(es)z, e;e;=O, (i=j=j), 

and (a)z V(/3)z =(e1 +e~ +e3)z ,. (a)z =(e, +e2)1, . (/3)! =(e1 +e3)i. 

Now f((a)i V((3)z, :i")=f((e1 +e2+e3)z, 'l)=iJ((e, +e2+es)n 'I) 
=iJ((ei +e;)r, ;l!)+iJ((e1 +c3),, ;1)-'3((e1)n 'I) 
=f((e, +e2)1, '1)+/((e1 +e3)z, '1)-f((e1lz, 'I) 
=f((a)z, 'l)+/Up)z, 'l)-j((a}zj\(/3)1, '/). 

Applyiflg Theorem 1-3 to L 91, we havef((a)1, 1)=iJ'((a)1, '/). Hence we have D'((a)l)=D((a),). 

(1) v. Neumenn [lJ II Theorem 15•3. 
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DEFINITION 2,2. For.every ae)'R we define the rank; of a by R(a)=D((a)r)=IY((a),~ 

THoEREM 2-2. The rank R(a)=r(a, 1-) of a is a contimtO'tlS flmction defined on the set 

!J of all niaJ:irrial ideal!', 1 of Be, and has the following 1iroperties: 

(1 °) O;;:;;R( a)~ 1 for every aeffi; " 

(2°) R(a)=O if and only if a=O; 

(3°) R(a)= 1 if and only if a is non~singalar; 

(4°) for r;eBe, r(r;, 1)=0 or 1, according as r;ef or not; 
*· 

(5°) R(a)=R(/1) if and only if a is of the form a=f(it:; where f, t:; are non-singular; 

(6 °) R( a,a);;:;;R( a), ll(/i); 

(7") B(a+;?)~ll(a)+R(p); 

(8°) ~f e, r; are idempotents and er;=1)E:;;;;;0, then R(s+1)=R(e)+R(r;). 

PROOF. All properties (1 °)-(8°), except (4°), can be proved as, in v. Nenmann (1) II 
; 

Theorem 17•1. (4°) follows fro;n the property of D((a),)=o((a),,;Jl). 

§ 3 Embedding Theorem of Continuous Regular Rings. 

' TH1,:01tt:M 3 • I. Let a be a maximal two-sided ideal in lli, and J a maxilmal 1ie1itral 

ideal in R!R. , Then 

(1 °) J(a)~((a)r ;(a)r;;:;;a) is a ma.i:inwl ne1d1;(J,l ideal in R,-,,, 
(2°) a(J) =·ta ;(a),eJ) is a ma,r:imal two-8ided ideal in ffi, 

(3°) ,l(a(J))=,T, a(J(a))=a. 

PROOF. (i) Let a be any two-sider ic:4,al in )Ji, then it is evident that J(a)=((a), ;(a)r~ll)1 

is an ideal in .R1Jl. Next when1(a),.<a, (a),.~C?),., let c be a common complement of (a}, 

and ((3),-. Then there exist idempotents e, 1) such that 

(a)r =(e),, c =(1 - e)r =(I -r;)n ({i) r =(7J)r• 

Now since (l·-e)r =(1-1j)n we have also (e) 1 =(r;)1 • Hence (a),:s;a implies e, 1)Sa, an<! 
therefore (i1),.;;:;;a. Consequeutly. J(a) is a neutral ideal in R1n-

(ii) Let J be a maxmal neutral ideal in .R1Ji• Then from Theorem 1-1, (a)rd if an? 

only if o((u.),, t,(J))=O. Therefore a(J)=(a; r(a, f(J))=O). When a, /3ea(J), since 

r(a-fJ, '/(J))<r(a, f(J))+r(/3, 1-(J))=O, 

we have a-11sa(,l), When u.sa(J), .feffi, since 

r(~, j(J)):s;r(a, f(J))=O, r(fa, f(J));;:;;r(a, 1,{J))=O, 

we have a;, fae:a(J). That is, a(J) is a· two-sided ideal, and a(J)<ffi. 

(iii) Let J be a maximal neutral ideal in .R!Ji, then since 

( a) ,.sJ ±;asa(J)±;(o:),. ;;:;;a(J):;±(a) ,.eJ(a(J)), 

we have J = J(a(J)). 

(iv) Let a be a maximal two-sided ideal in ffi, and if we assume that J(a) is not 

maximal in .R~i, then there exists a maximal neutral ideal l in_ .R~ such _that J(a)<,L 

From (ii), a( l) is a two-sided ideaA in »-t and a(I)<ffi. Since 

asa-(a),;;:;;a-(a),eJ(a;-(r1.),.eT-o.ea(I), 

we have a~a(I). a being maximal, we have a= a(I). Hence by (iii) J(a)= J(a(l))= I, 
which contradicts to J(a)<l. ·Consequently J(a) is a maximal neutral ideal in Rm. 

-- 5 -
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Let a be a maximal two-sided ideal in m, fhen by (iv) J(a) is a maximal neutral 

)d?al in R,R· Since 

'we.·have 1t=a(,l(a)), 

:/: \(v,i) I,et ,l be a maximal ideal m Rm, and assume that a(J) .is not maximal in !H, 
(, ·,, , ,'. ' . . • , I 

):hen there exists a maximal two-sicled ideal Ii in m such that a(J)<li. By (iii) J=J(a(J)) 

~J{~)<Rm: . J ,b.eing maxim[l.l, we have J=J(b), Hence by~) a(J)=a(J(6))=li, which .. ' .. . 
}.~ _qoJ:\tradictory · to a(J)<li. Consequently a(J) is a maximal two-sided ideal in m. 
{ L:J,MMA 3-1. iH is irreducible if and unly ~f m is simple. 

:; ; fJlOOF. (i) · If iH is a direct s~n of t.wo s u brings llt 1 , lJl 2 , then iH 1 and m ~ are two-sided 

'ideal5i in l)l.(1> Herke if 9l is simple, then llt is irreducible. 

· (ii) Next assume that lJl is irreducible. Since Rm is irreducible, (0) and !It are the· . . 
·. ~nly elements in Zm, (21 Since there exists only one maximal ideal 'I in 0 R, which is com-
,.. . ' i-

~P,Cised of only (0)\ by Theorem 1 • l there exists only one maximal neutral ideal ,l =,l('I) in 

, ~fR, which is composed of only (0), Hence by Theorem 3-1, there exists only one max

. im'al two-sided ideal a= a(J) in ffi, which is (0). Consequently lJl is simple. 

· .:: LEMMA 3-2. Let a· be a nwximal twu-sided ideal in 81, an.d Sl/a the quotieui ring 1i•lwse 

elenie11ls are resi<hte ,·lasses a/a =(.; ;f=a(mod a)). Then Rm/a and Rm/J(a) are lattice-. 
: ' . ',"., . " ' , ' - . . ·, 
''is<rnuirphic by the corres1i0ndence (a/a)r~•(a),./J(a). And llt/a is a simple eontimww; reguhir 
~/ :·, ' ' ' ·1 
-ring .. 

·~ ·'p_~~o:F. Let a/a be any element in ffi/a, Sinci.l!r is regular, there exists an element 

I ~uch that a=a~a.(:ll, '{hen a/a=a/a•.;/a•a/a, hence !Iija is a regular ring. .Con

. seqJen~ly,' Rm/a is a complemented modular lattice. We can easily prove _that R'!R/a aii.d 

, Ri/J(a) are iattice-isqmorphic by the. correspondence (a/a),.~-a),.j,T(a). But since Rm/J(a), 

,:js ;.\11 i~reducible continuous complemented modular lattice,(4l !Jl/a is a simple continuous 

'.,r6gular ring. 

,;· ])EFINJ'fJON 3-1. Let (ITT;;,;i.el) be a system of .rings. By the direct product fl(ITT7c;i.d) 

,ve mean the ring of classes (a1,;i,eIJ (a7celll7c) having the following operations: 

C a7c ;aelJ+ C,h; leIJ = Ca1c0-+ 11,, ;leZJ, . 

C a1. ; ae lJ · C/h; J_::.IJ = C a1.fh ;).eIJ • 
. J'mwnEM 3-2. (Embedding theurem). Let Q be the set uf all ma.1:imal twu-.~idcd i:dca/.~ 

! 
_i?i tlie coiilinwms reg·nlar ring ffi. Then ll1 is i.~onwrphii: to a .~ubriny t~f I I (lll/a ;as!J) 

)1,}iere· 'iR/cr are simzile c1miinit(Y11S regutq,r ring,,. 
. . . 

PROOF. By Lemma 3-2, lll/a are simple continuous regular rings. Let m0 be the set 

Qt all elements of ll(9i/ a; ar:JJ), expressed in the form (a/a; aenJ, then llt0 is homomorphic 

· to rrt. Let a=pO • be a11y element in ~, then there exi~ts a m~ximal- ideal 'I of 0n such 
, I I 

~~at t3((a);, '1)>0. Then by Theorem 1 • l, (a),,tJ{1); hence by Theorem 3-1 afa(J('I)). 

(l) Cf. v. Neumann (lJ II, 12. 
(2), Cf. v. Neumaun (lJ II Theore~ 2•9. 
(3) ·v; Neumann [ll II Theorem 2•2. 
(4) 1{.awada•Matsuhiros-Higuchi (IJ · 

-- 6 -



1949). Rmhedding Thc.orcm of Oonlin;,ou.s Regul.ai: Ring~ 

Plit a 0 =a(J('!)), then a/a 0 =!=0/o 0 • Consequently ffi 0 is isomorphic to ffi. 

Reference. 

T .. Iwamura [I], On continuous geometries, I, Jap. Jour. of Math. 19 (1944), 57-71. 
K. Kawada, Y. Matsushima and K. Higuchi [1), A remark on Iwamura's paper "On continuou~ 

geometries", · Shijo-Sugaku-Danwakal 204 (1944), 134-143. (In Japanese) 
J. v. Neumann [I), Lectures on continuous geometry, I, II, HI 0936-1937). 

HIIWSHI:MA U?>IV~JHSITY. 
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