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Abstract. For Banach spaces X and Y , let K(X, Y ) denote the space of all
compact operators from X to Y endowed with the operator norm. We give
sufficient conditions for subsets of K(X, Y ) to be relatively compact. We also
give some necessary and sufficient conditions for the Dunford–Pettis relatively
compact property of some spaces of operators.

1. Introduction and preliminaries
In this article, sufficient conditions are given for subsets of compact operators to
be relatively compact. Also, the Dunford–Pettis relatively compact property and
the Gelfand–Phillips property are studied in the context of spaces of operators.
Let X and Y denote Banach spaces, let X ∗ denote the continuous linear dual
of X, and let BX denote the unit ball of X. An operator T : X → Y will be
a continuous and linear function. The set of all operators from X to Y will be
denoted by L(X, Y ), and the subspace of compact operators will be denoted by
K(X, Y ). The w∗ − w continuous (resp., compact) operators from X ∗ to Y will
be denoted by Lw∗ (X ∗ , Y ) (resp., Kw∗ (X ∗ , Y )). The projective tensor product of
X and Y will be denoted by X ⊗π Y .
An operator T : X → Y is called completely continuous (or Dunford–Pettis) if
T maps weakly convergent sequences to norm-convergent sequences. Let CC (X, Y )
denote the set of all completely continuous operators from X to Y .
A bounded subset A of X is called a Dunford–Pettis (DP) (resp., limited )
subset of X if every weakly null (resp., w∗ -null) sequence (x∗n ) in X ∗ tends to 0
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