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Abstract. The COVID-19 pandemic has caused severe public health consequences
in the United States. In this study, we use a hierarchical Bayesian model to es-
timate the age-specific COVID-19 attributable deaths over time in the United
States. The model is specified by a novel non-parametric spatial approach over
time and age, a low-rank Gaussian Process (GP) projected by regularised B-
splines. We show that this projection defines a GP with attractive smoothness
and computational efficiency properties, derive its kernel function, and discuss the
penalty terms induced by the projected GP. Simulation analyses and benchmark
results show that the B-splines projected GP may perform better than standard
B-splines and Bayesian P-splines, and equivalently well as a standard GP at con-
siderably lower runtimes. We apply the model to weekly, age-stratified COVID-19
attributable deaths reported by the US Centers for Disease Control, which are
subject to censoring and reporting biases. Using the B-splines projected GP, we
can estimate longitudinal trends in COVID-19 associated deaths across the US by
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1-year age bands. These estimates are instrumental to calculate age-specific mor-
tality rates, describe variation in age-specific deaths across the US, and for fitting
epidemic models. Here, we couple the model with age-specific vaccination rates
to show that vaccination rates were significantly associated with the magnitude
of resurgences in COVID-19 deaths during the summer 2021. With counterfac-
tual analyses, we quantify the avoided COVID-19 deaths under lower vaccination
rates and avoidable COVID-19 deaths under higher vaccination rates. The B-
splines projected GP priors that we develop are likely an appealing addition to
the arsenal of Bayesian regularising priors.

Keywords: Bayesian statistics, non-parametric statistics, Gaussian process
approximations, Stan probabilistic computing language, COVID-19, mortality.

MSC2020 subject classifications: Primary 62F15, 60G15, 65D07; secondary
62P10.

1 Introduction

A new pathogen, Severe Acute Respiratory Syndrome Coronavirus 2 (SARS-CoV-2),
emerged in the Wuhan region of China in December 2019 and continues to spread
worldwide. The resulting disease, COVID-19, is severe, with overall infection fatality
rates (IFRs) between 0.1% and 1% (Meyerowitz-Katz and Merone, 2020; Brazeau et al.,
2020), which increase exponentially with age (Levin et al., 2020). We note those IFRs
are for the original SARS-CoV-2 strain assuming no treatment, vaccination or prior
immunity. In the United States (US), vaccines have been initially prioritised to older
age groups before being offered to all adults from May 2021. Developed vaccines are
highly effective to prevent deaths (Haas et al., 2021; Baden et al., 2021), but uptake has
been variable across states (Centers for Disease Control and Prevention, 2021a). Despite
increasing vaccination coverage in the US, several US states reported resurgent COVID-
19 death waves in the summer of 2021, most notably Florida. These death waves were
equal to or greater in magnitude than the death waves observed before vaccination.
A key question is whether these death waves are linked to low vaccination coverage in
adults.

Here, we provide methods for estimating high resolution age-specific COVID-19
attributable deaths over time. Doing so requires a statistical model because data are
partially censored, reported with delays, and reported in age bands that can be inconsis-
tent across locations or do not match those of other data streams. Numerous methods
have been developed to model the time evolution of overall COVID-19 attributable
deaths (e.g., Lavezzo et al., 2020; Institute for Health Metrics and Evaluation, 2020;
Chen et al., 2020; Blangiardo et al., 2020; Zheng et al., 2021; Flaxman et al., 2020), but
few are suitable to analyze longitudinal data stratified by age brackets or other discrete
strata (Monod et al., 2021), let alone at high resolution such as 1-year age bands. One
reason for this paucity of methods is that in SIR-type models, calculating age-specific
next generation operators at a time resolution of days becomes computationally slow
over observation periods that span years, especially when calculations need to be re-
peated millions of times within a Bayesian framework (Wikle et al., 2020; Monod et al.,
2021). These considerations are prompting us and others to consider non-mechanistic,
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flexible estimation approaches (Shah et al., 2020; Pokharel and Deardon, 2021). As our
objective is to reconstruct spatio-temporal trends in age-specific COVID-19 attributable
deaths, it does not require invoking many of the assumptions or complexities that un-
derlie mechanistic or semi-mechanistic COVID-19 transmission dynamics models, and
Bayesian non-parametric models are sufficient. We present a fully Bayesian, computa-
tionally scalable approach to estimate a two-dimensional (2D) surface over ages and
weeks that describes the time evolution of COVID-19 deaths by 1-year age bands at US
state level. To impute missing entries on the surface and estimate global trends over ages
and weeks, we borrow information across neighboring entries by using a non-parametric
smoothing method.

A natural starting point for modelling a surface is a 2D Gaussian process (GP) (Ras-
mussen and Williams, 2005). However, their computational complexity makes the use
of 2D GPs in a fully Bayesian framework difficult when the surface dimension becomes
large, even after using a Kronecker structure on the covariance (Saatçi, 2011; Wilson
et al., 2014). Here we adopt a low-rank approximation via a tensor product of B-splines
for which the parameters follow a 2D GP. We refer to this method as “regularised B-
splines projected 2D GP”. The resulting approach is equivalent to a 2D GP defined
by a low-rank covariance matrix projected by B-splines. B-splines are a popular choice
for non-parametric modelling, due to their continuity properties ensuring smoothness
of the fitted surface, and their easy implementation. But choosing the optimal num-
ber and position of knots—the defining grid segments where the surface is expected to
change its behavior—on the space of ages and weeks is a complex task. Some approaches
have focused on adding a penalty to restrict the flexibility of the fitted surface in a fre-
quentist framework (O’Sullivan, 1986, 1988; Eilers and Marx, 1996; Eilers et al., 2006).
Following this idea, we regularise the fitted surface by penalizing the complexity of the
low-rank 2D GP’s covariance matrix. We qualitatively compare the penalty induced by
this choice to that of related regularisation methods. We benchmark the proposed reg-
ularised B-splines projected 2D GP against several other popular smoothing methods,
and we demonstrate that our approach results in substantive computational gains over
a standard 2D GP for similar estimation accuracy.

This paper aims to reconstruct age-specific COVID-19 attributable deaths on pub-
licly available incomplete and censored age-specific COVID-19 attributable deaths re-
ported by the Centers for Disease Control and Prevention (CDC) (2021c). It is struc-
tured as follows. Section 2 introduces the data and their limitations. Section 3 describes
the proposed methodology to model trends in the age-composition of COVID-19 deaths,
including a theoretical characterization of the penalties introduced by regularised B-
splines projected 2D GPs. Section 4 presents a comparison of the proposed method
to related smoothing approaches on simulated data, and Section 5 on real world data
used for benchmarking. In Section 6 we present the predicted time trends of age-specific
COVID-19 deaths, estimated age profile of COVID-19 deaths and predicted age-specific
COVID-19 mortality rates. Additionally, we document the marked variation in the sum-
mer 2021 resurgence in age-specific COVID-19 deaths across states, and show that
strong resurgences in deaths are associated low vaccine coverage. Lastly, Section 7 closes
with a discussion.
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2 COVID-19 deaths data

2.1 COVID-19 deaths data

The Center for Disease Control (CDC) and National Center for Health Statistics (NCHS)
report each week on the total number of deaths involving COVID-19 that have been re-
ceived and tabulated through the National Vital Statistics database (Centers for Disease
Control and Prevention, 2021c) for every US state across the age groups

B =
{
0, 1–4, 5–14, 15–24, 25–34, 35–44, 45–54, 55–64, 65–74, 75–84, 85+

}
. (2.1)

We refer to the latter as cumulative reported COVID-19 attributable deaths, Dm,b,w, for
state m, in age group b and on week w. Historical records are made available by Rearc
(2021). To simplify the longitudinal dependence and create a time series from the cumu-
lative counts (King et al., 2015), we obtain the weekly COVID-19 attributable deaths
by differencing,

dm,b,w = Dm,b,w+1 −Dm,b,w, (2.2)

in each location and age group for all but the last available week (weekly deaths, d,
for state m, in age group b, on week w). We index the weekly deaths by w ∈ W =
{1, . . . ,W}.

Reflecting the reporting nature of the age-stratified CDC data, the weekly COVID-19
attributable dm,b,w are subject to reporting delays and do not necessarily correspond to
the number of individuals who died of COVID-19 in state m and week w. The CDC does
not report the cumulative deaths count if the count is between 1 and 9. Thus, it is not
possible to retrieve all weekly deaths, and we refer to the set of weeks that are retrievable
in state m for age group b through first order differencing by WWR

m,b , and to the set of

weeks that are non-retrievable because of censoring by WWNR
m,b . The censored cumulative

deaths are bounded, such that the sum of non-retrievable weekly deaths is also bounded.
The exact computations are described in Supplementary Text, Section S2.1 (Monod
et al., 2022). In addition, there was no update on July 4, 2020 resulting in missing (i.e.,
non-reported) cumulative deaths in that week. The weekly deaths of that week and
the preceding week are declared missing. Note that the missing weekly deaths are not
equivalent to the non-retrievable weekly deaths because we cannot bound their sums.
In the main text, we focus on data reported from May 2, 2020 to January 01, 2022. We
thus have W = 88. Figure 1A shows the COVID-19 attributable weekly deaths data for
the four most populous US states, California, Florida, New York and Texas.

2.2 COVID-19 vaccination data

The CDC reports weekly time series of the proportions of individuals aged 18–64 and
65+ who are fully vaccinated (Centers for Disease Control and Prevention, 2021b),
referred to as vaccination rate in the following. Fully vaccinated individuals are defined
as having received the second dose of a two-dose vaccine or one dose of a single-dose
vaccine. We observe records from March 02, 2021 to January 01, 2022 and denote by
vm,c,w the vaccination rate for state m in age group c ∈ C at the start of week w,

C = {18–64, 65+}. (2.3)
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Figure 1: Age-specific weekly COVID-19 attributable deaths in the four most
populous US states. (A) The retrievable weekly deaths are computed using the
first order difference of reported cumulative deaths by the CDC (2021c). Grey cells
indicate non-retrievable weekly deaths due to censored cumulative deaths. Orange bars
indicate missing weekly deaths due to non-reported cumulative deaths. (B) Weekly all-
ages COVID-19 attributable deaths reported by the CDC (black) and by JHU (2020)
(yellow). The all-ages weekly COVID-19 attributable deaths is obtained from the CDC
data by summing the retrievable weekly COVID-19 attributable deaths across ages. The
JHU data are reported regardless of age and are corrected for under/over reporting via
now-casting.



962 Projected GP Priors to Model Trends in COVID-19 Deaths by Age

2.3 Other data sets

We use two additional data sets. Firstly, we retrieved the weekly COVID-19 attributable
deaths regardless of age from John Hopkins University (JHU) for all US states from
May 2, 2020 to January 01, 2022 (John Hopkins University of Medicine, 2020), which
we denote by dJHU

m,w for state m and week w. In these data, reporting-delayed deaths are
back-distributed where possible (this correction is also known as “now-casting”), and
for this reason we use the overall deaths as a reference to mitigate the reporting delays
in the age-stratified CDC data (2.2). Figure 1B illustrates the corrections applied on the
JHU data for under/over reporting via now-casting by comparing the all-ages weekly
COVID-19 attributable deaths reported by the JHU and the CDC. Secondly, age-specific
weekly COVID-19 attributable deaths are also reported by each state’s Departments
of Health (DoH) on their websites or data repositories. For 44 US states data records
are available up to April 1, 2021 (Imperial College London COVID-19 Response Team,
2020). There are no records for Montana, Nebraska, New York, Ohio, South Dakota
and West Virginia. The DoH do not censor low death counts, and the all-ages sum of
the DoH data correspond well to JHU data. This prompts us to use the DoH data as
an independent data set to assess the accuracy of our model estimates that are derived
from the CDC data.

3 Methods

3.1 Modelling weekly COVID-19 attributable deaths by age

For simplicity we suppress the state index in what follows, with all equations being
analogous. Our aim is to estimate the weekly deaths by 1-year age bands, a ∈ A =
{0, 1, . . . , 104, 105} in week w ∈ W = {1, . . . ,W}, and we denote their expectation by
μa,w. We first decompose μa,w as the product of the weekly deaths for all ages λw with
the relative contribution πa,w of age a to weekly deaths, where

∑
a πa,w = 1 for all w.

Second, we model the longitudinal age composition of deaths πa,w as a bivariate random
function (a,w) → f(a,w) ∈ R, that is exponentiated, normalised, and evaluated on the
2D grid A×W . Our basic latent model structure is thus

μa,w = λwπa,w

πa,w = softmax
(
[f(a,w)]a∈A

)

=
exp f(a,w)∑

ã∈A exp f(ã, w)
.

(3.1)

To link the expected weekly deaths by 1-year age band, μa,w, to the data (2.2), we
aggregate them over the age groups specified by the CDC, μb,w =

∑
a∈b μa,w, for all

b ∈ B. Then, we model the observed, weekly deaths in age b and week w for all ages and
weeks through Negative Binomial distributions in the shape-scale parameterisation,

db,w | αb,w, θ ∼ NegBin(αb,w, θ) (3.2a)

μb,w = αb,w
θ

1− θ
(3.2b)
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σ2
b,w = αb,w

θ

(1− θ)2
= μb,w(1− θ)−1 = μb,w (1 + ν), (3.2c)

with mean μb,w and variance σ2
b,w, and where ν > 0 is interpreted as an overdis-

persion parameter. The purpose of the shape-scale parameterisation with identical
θ (3.2a) is that then, the weekly deaths conditional on their total follow a Dirichlet-
Multinomial distribution with parameters αb,w, resulting in the succinct identity αb,w =∑

a∈b αa,w (Townes, 2020). For implementation, notice that the shape and scale param-
eters can be rewritten as αb,w = μb,w/ν and θ = ν/(1 + ν).

Our Bayesian model comprises as log likelihood the sum of the log Negative Binomial
densities (3.2a) over retrievable weekly deaths parameterised by μb,w and ν. Considering
data censoring, similar terms involving log cumulative density functions of the Negative
Binomial that bound sums of the non-retrievable weekly deaths are added in the log
likelihood. Taken together, for the collection of weekly deaths d =

(
db,w, b ∈ B, w ∈

{WWR
b ,WWNR

b }
)
, our log posterior density is

log p(λ, ν,f ,φ | d) ∝
∑
b∈B

∑
w∈WWR

b

log NegBin(db,w | λwπb,w/ν,
ν

1 + ν
) (3.3a)

+ log p
(
{db,w}w∈WWNR

b
| . . .

)
(3.3b)

+
∑
w∈W

log Exp(λw | 1/Tw) (3.3c)

+ log Exp(ν | 1) + log p(f | φ) + log p(φ), (3.3d)

where for brevity the term p
(
{db,w}w∈WWNR

b
| . . .

)
in (3.3b) is detailed in Supplemen-

tary Text, Section S2.2, and the πb,w depend on the bivariate random function f .
Throughout we specify weakly informative priors as follows. First, we opt in (3.3c) for
a wide Exponential prior on the total number of weekly deaths λw. The prior expecta-
tion on the total weekly deaths is found by summing the retrievable deaths, such that
Tw =

∑
b∈B,w∈WWR

b
db,w. Second, the overdispersion parameter is given an Exponen-

tial prior that peaks at zero and thus favors the least complex model scenario with no
overdispersion. The model is completed with a prior on the random function f and
its hyperparameters φ, which we investigate in detail in the next section. Throughout,
we checked that priors are only weakly informative, and also considered alternative
prior specifications such as Normal prior densities on λw or more heavy-tailed priors on
the overdispersion coefficient ν, which resulted in posterior inferences that are largely
equivalent to the specification in (3.3) (Supplementary Text Section S4).

Considering reporting delays in the data, we explicitly allow for a rescaling of the
sum of deaths across age groups in the model according to other curated data sets, which
effectively re-distributes reporting delayed deaths in the CDC data set to earlier dates.
Specifically, we require that our posterior predictions of the COVID-19 attributable
deaths in age group a and week w, d�a,w, sum to

∑
a d

�
a,w = dJHU

w . We achieve this by
exploiting the probabilistic relationship between Negative Binomial distributions in the
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shape-scale parameterisation and the Dirichlet-Multinomial, through

p(d�·,w | d, dJHU
w ) =∫

DirMult
(
d�·,w | dJHU

w , (αa,w)a∈A
)
p(λ, ν,f ,φ | d) d(λ, ν,f ,φ).

(3.4)

We denote by μ�
a,w the expected predictive COVID-19 attributable deaths in age group

a at week w,

μ�
a,w | d, dJHU

w = E
[
d�a,w | d, dJHU

w

]
. (3.5)

3.2 Modelling age-specific contributions to COVID-19 weekly
deaths

In (3.1), we introduced a 2D function f(a,w), for which we shall find a prior in this
section. Let the number of points of the age axis be n = |A| and on the week axis
be m = |W|. The total number of points on the grid is N = n × m. The ensemble of
pairs of points is X =

(
x1, . . . ,xN

)
= A×W . We now investigate different modelling

approaches for the function f(a,w).

Two-dimensional Gaussian Process

Given observations (X,f) =
{(

x1, f(x1)
)
, . . . ,

(
xN , f(xN )

)}
, we start by considering

as model of f a zero-mean 2D GP,

f | φ ∼ GP
(
0,K

)
. (3.6)

The covariance matrixK is evaluated at all pairs of points inX and has entriesKx,x′ =
Cov

(
f(x), f(x′)

)
= k(x,x′) with x,x′ ∈ X, where k(., .) is a kernel function. For

computational efficiency and because our output is on a multidimensional grid, we
decompose the kernel function,

k
(
(a,w), (a′, w′)

)
= k1(a, a′) k2(w,w′), (3.7)

where k1(., .) and k2(., .) are kernel functions over ages and weeks, respectively. The
corresponding covariance matrix K is calculated with the Kronecker product K =
K2⊗K1, and the number of operations to evaluate the covariance matrix reduces from
O(N3) to O(2N3/2) (Gönen and Alpaydin, 2011; Saatçi, 2011). We note that the order
of the product follows from the fact that the matrix’s entries are stacked columnwise.
For implementation, we rely on the efficient Kronecker product implementation via
matrix-vector products proposed in the Supplementary Material, Section 4 of Wilson
et al. (2014). In our applications, we set k1 and k2 to be squared exponential kernel
functions with variance scale ζ2. The scale parameter ζ is attributed a vague prior ζ ∼
Cauchy+(0, 1), and even heavier tailed alternatives lead to stable numerical performance
in our setting (Supplementary Text Section S4). Specific lengthscales for the rows and
the columns, γ1 and γ2, allow for different function’s frequency on each dimension.
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Considering the length scales, it is commonly recommended to place non-negligible mass
on both high-frequency and low-frequency functions, via γi ∼ Inv-Gamma(5, 5) for i =
1, 2 (Stan Development Team, 2020b, chap. 10.3). However, in our setting we found that
the corresponding posterior medians are not necessarily within the 95% interquantile
range of the prior, and we opted for the heavier tailed γi ∼ Inv-Gamma(2, 2) for i = 1, 2.
Under the standard 2D GP prior, φ = {ζ, γ1, γ2}.

B-splines surface

B-splines basis functions – or, more simply, B-splines – are constructed from polynomial
pieces that are joined at certain values over the input space, called knots, and defined
by a polynomial degree, d, and a non-decreasing sequence of K knots. Given those,
the total number of B-splines is K + d − 1. We show how a B-spline is constructed in
Supplementary Text, Section S3.1. In this paper, we use cubic B-splines by fixing d = 3.
A fundamental property of B-splines, that constitutes most of their attractiveness, is
that they are smooth. More rigorously, a cubic B-spline defined on strictly increasing
knots is piecewise infinitely differentiable between the knots, and of continuity C2 on the
knots (Goldman, 2002, chap. 7). f can be modelled with a tensor product of B-splines
given by

f(a,w) =

I∑
i=1

J∑
j=1

βi,j B
1
i (a)B

2
j (w), (3.8)

where B1
i (.) is the ith B-spline defined on a knot vector of length K1 over the space

A with i ∈ {1, . . . , I} and I = K1 + 2. And, B2
j (.) is the jth B-spline defined on a

knot vector of length K2 over the space W with j ∈ {1, . . . , J} and J = K2 + 2.
The ensemble of B-splines form a matrix basis denoted by B1 and B2 of size I × n
and J × m, respectively. The set of pairs of B-splines indices are denoted by U =
{1, . . . , I} × {1, . . . , J}. [βi,j ](i,j)∈U is a rectangular set of coefficients. We note that
to ensure identifiability of the B-spline parameters, the number of evaluated points on
each dimension should be greater than the number of B-spline basis functions, i.e.,
I < n and J < m. In our applications, we obtain standard B-splines surfaces by plac-
ing independent standard normal priors on all B-splines coefficients. To keep notation
streamlined, notice that there are no hyperparameters φ under the standard B-splines
surface prior.

Regularised B-splines projected two-dimensional Gaussian Process

Given the B-splines indices and corresponding coefficients
{
(i, j), βi,j

}
(i,j)∈U

we place

a 2D GP on the coefficients,

β | φ ∼ GP(0,Kβ). (3.9)

The covariance matrix has entries (Kβ)u,u′ = Cov
(
βu, βu′

)
= kβ

(
u,u′) with u,u′ ∈

U , where kβ(., .) is a kernel function depending on unknown hyperparameters φ. This
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approach is equivalent to directly placing a GP on f with a covariance matrix projected

by B-splines. To show this, we rewrite (3.8) as a matrix calculation, f = (B1)TβB2,

and find its vectorized form

vec(f) = vec
(
(B1)TβB2

)
= (B2 ⊗B1)Tvec(β). (3.10)

The linear operator produces functions from R
IJ to R

nm. GPs are closed under linear

operations (Papoulis and Pillai, 2002, chap.10), and so f specified by (3.8–3.9) is the

GP

f | φ ∼ GP
(
0,

(
B2 ⊗B1

)T
Kβ

(
B2 ⊗B1

))
. (3.11)

In our applications, we decompose the kernel function kβ into two kernel functions over

the rows and columns of the B-spline coefficients matrix as in (3.7). We use squared

exponential kernel functions with variance scale ζ2 and specific lengthscales for the

rows and the columns, γ1 and γ2, allowing for different functional frequencies in each

dimension. Our priors on the length scales are independent and put non-negligible mass

on both high-frequency and low-frequency functions, γi ∼ Inv-Gamma(2, 2) for i = 1, 2,

and ζ ∼ Cauchy+(0, 1); see also the remarks in the 2D GP section on these choices.

Under the regularised B-splines projected 2D GP prior, φ = {ζ, γ1, γ2}.

The kernel function obtained by projecting a base kernel function with cubic B-

splines is C2 as it can be represented as a linear combination of C2 functions (proof

in Supplementary Text, Section S3.2). Therefore the surface obtained when modelling

a surface with the B-spline tensor product (3.11), unlike a standard 2D GP (3.6), has

inherent smoothness properties not matter the base kernel functions kβ used.

We can interpret (3.11) as a regularised splines method. Indeed, existing regularised

spline methods such as smoothing splines (O’Sullivan, 1986, 1988) and P-splines (Eilers

and Marx, 1996; Eilers et al., 2006) aim to minimise in a frequentist setting the loss

function

∑
a∈A

∑
w∈W

(
f(a,w)−

I∑
i=1

J∑
j=1

β̂i,jB
1
i (a)B

2
j (w)

)2

︸ ︷︷ ︸
data fit

+ P︸︷︷︸
penalty

, (3.12)

where β̂ are the estimated coefficients and P is a penalty applied on the second derivative

of the fitted curve for smoothing splines and on finite differences of adjacent B-splines

coefficients for P-splines. Now adopting a Bayesian approach, our aim is to maximise the

probability of the posterior parameter conditional upon the data, which is proportional

to the likelihood multiplied by the prior. By placing a GP on the B-splines coefficients,

the prior of f modelled with the B-spline tensor product (3.11) can be decomposed in
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the same way as (3.12),

log p(vec(f) | φ) ∝ −1

2

(
vec(f)T

(
B2 ⊗B1

)T
Kβ

(
B2 ⊗B1

)
vec(f)

+ log
∣∣∣(B2 ⊗B1

)T
Kβ

(
B2 ⊗B1

)∣∣∣)

∝ −1

2

(
vec(f)T

(
B2 ⊗B1

)T
Kβ

(
B2 ⊗B1

)
vec(f)︸ ︷︷ ︸

data fit

+ log |Kβ |︸ ︷︷ ︸
penalty

)
,

(3.13)

where |A| denotes the determinant of matrix A. Thus, the log determinant of the
covariance matrix in (3.9) can be interpreted as a complexity penalty, or regulariser,
which comes into play if the kernel has a free parameter to control the model complex-
ity (MacKay, 2003, chap. 28).

Bayesian P-splines

Bayesian P-splines have been developed as an extension of the frequentist P-splines,
in Lang and Brezger (2004); Brezger and Lang (2006), and impose a spatial dependency
on the B-splines coefficients to avoid overfitting. Bayesian P-splines are obtained by
placing the following Gaussian Markov Random Field prior on the B-splines coefficients,

βi,j | β−(i,j),φ ∼ N
( I∑

i′=1

J∑
j′=1

δ(i,j),(i′,j′) βi′,j′

δ+(i,j)
,

τ2

δ+(i,j)

)
, (3.14)

where β−(i,j) is the matrix β without entry (i, j), δ(i,j),(i′,j′) evaluates to one if (i, j) and
(i′, j′) are neighboring coordinates vertically or horizontally, and otherwise to zero, and

δ+(i,j) =
∑I

i′=1

∑J
j′=1 δ(i,j),(i′,j′). Here, τ is a spatially varying precision parameter. This

model implies that each βi,j is normally distributed with a mean equal to the average of
its neighbors. We use the Bayesian P-splines prior in simulation analyses and benchmark
comparisons, due to their close structural relationship with B-splines projected GP
prior. We implemented the Bayesian P-splines prior as in Morris et al. (2019). The scale
parameter τ was as before associated with the heavy-tailed prior τ ∼ Cauchy+(0, 1),
which already resulted in stable numerical performance in our setting and no further
customisation was needed. Under the Bayesian P-splines prior, φ = {τ}.

3.3 Numerical inference

All inferences coupled with different priors on the random surface f were fitted with
RStan version 2.21.0, using an adaptive Hamiltonian Monte Carlo (HMC) sampler (Stan
Development Team, 2020a). The code is available at https://github.com/

ImperialCollegeLondon/BSplinesProjectedGPs, and templated Stan model files are
in the Supplementary Text Section S5. Using model (3.1–3.2), 8 HMC chains were run in
parallel for 1,500 iterations, of which the first 500 iterations were specified as warm-up.
Inferences in simulation analysis and benchmarking were performed by running 3 HMC

https://github.com/ImperialCollegeLondon/BSplinesProjectedGPs
https://github.com/ImperialCollegeLondon/BSplinesProjectedGPs
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chains in parallel for 5,000 iterations (resp. 2,000), of which the first 2,500 (resp. 500)
were specified as warm-up.

4 Simulation results

Before application to the CDC data, we compare the performance of the spatial priors
defined in Section 3.2 at retrieving the mean surface of 2D count data. In the simula-
tions, we consider observations on a 2D grid {0, 0.02 . . . , 0.98, 1} × {0, 0.02 . . . , 0.98, 1},
such that there are N = 50×50 entries. The observations are generated through a Neg-
ative Binomial model using as mean the exponential of a zero-mean 2D GP defined by a
squared exponential kernel. The variance scale of the kernel is fixed to 1 and the length
scale is varied (γ ∈ {0.05, 0.25, 1}) to generate weakly, mildly and strongly correlated
observations. The training set includes 40% uniformly sampled observations (i.e., num-
ber of observations in the training set is 1000). Here, we compare the performance of
four models with different prior specifications on the mean surface, a standard 2D GP,
a standard B-splines surface, Bayesian P-splines and regularised B-splines projected 2D
GP. For the methods using B-splines, the same number of equidistant knots are placed
along the two axes.

Figure 2A shows the simulated mean surface in the mild correlation scenario obtained
with γ = 0.25, Figure 2B the simulated observations and Figure 2C the simulated obser-
vations included in the training set. Figure 3 presents the estimated mean surface when
a standard B-spline surface, Bayesian P-splines, and regularised B-splines projected 2D
GP priors are used for inference with different numbers of knots. The mean surface
estimated by the standard 2D GP model is shown in Supplementary Figure S1.

We find that the standard 2D GP and the regularised B-splines projected 2D GP
priors recover well the simulated true mean surface (Figures 3 and Supplementary Fig-

Figure 2: Mildly correlated 2D simulated observations. (A) The mean surface
is defined by the exponential of a zero-mean 2D GP with a squared exponential kernel
implying mild correlations (γ = 0.25). (B) Count data were simulated from a Negative
Binomial model with mean shown in (A) and fixed over-dispersion parameter. (C) 40%
of the simulated observations were included in the training set.
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Figure 3: Estimated mean surfaces using non-regularised and regularised B-
splines spatial priors. Posterior median of the mean surface estimated by (A) stan-
dard B-splines prior, (B) Bayesian P-splines prior and (C) regularised B-splines pro-
jected 2D GP prior with different number of knots given mildly correlated simulated
data (γ = 0.25). The simulated data are illustrated in Figure 2.
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ure S1). Moreover, the regularised B-splines projected 2D GP prior obtains equivalent
or better predictive performance as the standard 2D GP for a shorter running time,
70.89% faster on average for 30 knots (Table 1). In contrast, the standard B-splines
and the Bayesian P-splines priors overfit the data when the number of knots increase
(Figures 3 and Table 1). Similar results were obtained for the other correlation scenarios
(Figures S2–S5, Table 1 and Supplementary Table S1).

5 Benchmark results

We next benchmark the performance of the spatial priors defined in Section 3.2 on
data unrelated to COVID-19, which has previously been used to benchmark spatial
priors. The data set consists of more than 83,000 locations across East Africa with
measured deviations in land surface temperatures (Ton et al., 2018). We use the same
training data as in Mishra et al. (2020), consisting of 6,000 uniformly sampled locations,
and fit them using a Gaussian likelihood with mean surface specified by the various
spatial priors, and a free observation variance parameter. We compared in this paper
standard 2D B-splines, Bayesian P-splines, and regularised B-splines projected 2D GP,
and obtained from Mishra et al. (2020) the performances of a standard 2D GP, low
rank Gaussian Markov random field, neural network model and πVAE as a prior for
the mean surface. For the spline methods, 125 equidistant knots were placed along both
axes. The results are summarised in Supplementary Table S2 and Figure S6. We find
that the regularised B-splines projected 2D GP model (testing MSE: 2.96) obtained
better predictive performance than the standard B-splines surface model (testing MSE:
4.45), a low rank Gaussian Markov random field (testing MSE: 4.36), and a neural
network model (testing MSE: 14.94) and similar predictive performance than Bayesian
P-splines (testing MSE: 2.57) and a standard 2D GP (testing MSE: 2.47). It had a worse
predictive performance than the πVAE model (testing MSE: 0.38), but training πVAE
is not trivial and requires considerable computational runtimes.

6 Age-specific COVID-19 deaths in the United States

Based on the simulation and benchmark results, we use the regularised B-splines pro-
jected 2D GP model to reconstruct the time trends in age-specific COVID-19 at-
tributable deaths across the US. The main user input into the model is knot placement.
Over the age axis, we placed a knot at the start of each age group reported by the
CDC (2.1), and a knot at the largest age considered, amounting to 12 knots at the ages
0, 1, 5, 15, 25, 35, 45, 55, 65, 75, 85, 105. This is the maximum number of relevant knots
that one could place because the CDC data are aggregated at the same resolution.
Over the time axis, we placed a knot every 6 weeks, from May 2, 2020 to January 01,
2022, amounting to 16 equidistant knots. Sensitivity analyses on knot placement are
summarised in Supplementary Table S3.

Overall, fitting the regularised B-splines projected 2D GP model on one state took
1 hour and 30 minutes on a high performance computing environment, with typical
effective sample sizes between 1366 to 18836. In comparison, fitting a standard 2D
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Method
Simulation scenarios

Weakly correlated Mildly correlated Strongly correlated

Mean squared error of the mean surface

Standard 2D GP
0.08� 0.04� 0.05�

Standard B-splines surface
Number of knots
10 0.11 0.15 0.25

30 0.45 0.60 0.90

40 0.67 0.92 1.34

Bayesian P-splines surface
Number of knots
10 0.11 0.09 0.10

30 0.14 0.13 0.12

40 0.15 0.13 0.12

Regularised B-splines projected 2D GP
Number of knots
10 0.10 0.06 0.06

30 0.09 0.05 0.05�

40 0.08� 0.05 0.05�

runtime in minutes runtime in minutes runtime in minutes

(−%longest runtime) (−%longest runtime) (−%longest runtime)

Standard 2D GP
10 (−0.00%) 47 (−0.00%) 21 (−0.00%)

Standard B-splines surface
Number of knots
10 1 (−93.85%) 1 (−98.27%) 1 (−96.22%)

30 1 (−88.88%) 1 (−97.53%) 1 (−93.96%)

40 1 (−87.33%) 1 (−96.84%) 1 (−93.17%)

Bayesian P-splines
Number of knots
10 9 (−11.59%) 7 (−85.66%) 5 (−76.43%)

30 5 (−52.18%) 5 (−90.14%) 4 (−81.73%)

40 6 (−45.93%) 5 (−90.29%) 5 (−74.60%)

Regularised B-splines projected 2D GP
Number of knots
10 5 (−53.96%) 6 (−87.50%) 6 (−69.63%)

30 4 (−61.14%) 6 (−87.07%) 7 (−64.47%)

40 6 (−45.46%) 10 (−78.28%) 14 (−29.92%)
� Best predictive performance.

Table 1: Performance of four spatial priors on simulated data. (Top) Mean
squared errors between the posterior median estimates of the mean surface and
the true mean surface evaluated on the test data withheld from fitting. (Bottom)
Proportional decreases in runtimes compared to the slowest model (for which the
proportional decrease is null).
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GP required 7 hours and 50 minutes. There were no reported divergences in Stan’s
Hamiltonian Monte Carlo algorithm. After model fitting, all prior specifications were
checked by comparing their 95% interquartile ranges against those of the corresponding
marginal posterior distributions, and sensitivity analyses using alternative priors suggest
our inferences are robust under a broad range of prior specifications (Supplementary
Text Section S4).

6.1 Predicted number of age-specific COVID-19 attributable deaths

Figure 4 shows the predicted age-specific weekly attributable COVID-19 deaths in the
four most populous US states, and Supplementary Figure S7 for the next six most
populous US states. The predictions are obtained for each year of age (3.4), and are
aggregated into the age bands 0–54, 55–74 and 75+ for direct comparison to the CDC
data, shown as black dots. The data and predictions clearly reflect the multiple COVID-
19 waves across the four states and high numbers of deaths in the elderly. Importantly,
through the Bayesian model, we calibrate the predictions so that the predicted total
weekly deaths across all age groups match the curated all-ages JHU data, and un-
certainties in the age-specific predictions propagate through the generative model and
fluctuations in observed age composition of deaths. The predictions thus resolve key
anomalies in the age-specific CDC data relative to the curated JHU data. For example,
our model predicts considerable under-reporting in the age-specific deaths in Califor-
nia, Florida, New York (state) and Texas in the CDC data between November 2020
to January 2021. Further, unrealistically high numbers of deaths were reported in the
week starting January 23, 2021, and are in our predictions interpreted as delayed data
entries and redistributed among previous weeks. Similar observations apply throughout
(Supplementary Figure S7).

We validated our predictions of the age profile of COVID-19 attributable deaths
using an external data set, i.e. that was not used to inform the model. The external
data set includes age-specific COVID-19 deaths reported directly by US states DoH (see
Section 2). We computed the empirical age-specific contribution to weekly COVID-19
attributable deaths from the DoH data, and found that overall, 93.05% of the data lied
inside the 95% posterior predictive intervals.

We also fitted the model to data with a standard 2D GP smoothing prior, standard
2D B-splines, and Bayesian P-splines on data from one state, Florida. When using a stan-
dard 2D B-splines surface and Bayesian P-splines, the estimated 2D surface over ages
and weeks was often wiggly with large uncertainty (Supplementary Text, Section S4).
Assessing prediction accuracy with the expected log pointwise predictive density, we
found that the B-splines projected 2D GP priors outperformed the other smoothing
priors (Supplementary Table S4).

6.2 Estimated age profile of COVID-19 attributable deaths

Figure 4 prompts the question if the age profile of COVID-19 attributable deaths dif-
fers across states and how it changed over time. Using the Bayesian model, we can
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Figure 4: Predicted age-specific COVID-19 attributable deaths in the four
most populous US states. Shown are the posterior median (line) and 95% credi-
ble intervals (ribbon) of the predicted weekly COVID-19 attributable deaths obtained
with (3.4). Column facets indicate the age group and row facets indicate the state among
which the age-specific COVID-19 attributable deaths were predicted. The CDC data
are shown with dots.

provide estimates of the contribution to COVID-19 weekly deaths over time for each
year of age and US state through the posterior distributions of πa,w in (3.1). We note
that such estimates could not have been obtained from the raw CDC data. First, be-
cause the data are aggregated by age groups. And second, because the contribution to
COVID-19 weekly deaths from age groups for which low death counts were censored is
under-estimated and the contribution to COVID-19 attributable deaths from other age
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Figure 5: Estimated age profile of COVID-19 weekly deaths. (A) Posterior me-
dian estimates (line) and 95% credible intervals (ribbon) of the contribution of age
groups 18–64 and 65+ to COVID-19 attributable weekly deaths over time (3.1) in
New Hampshire and Texas. The dashed line shows the national posterior median esti-
mate. The grey vertical line indicates the start of the COVID-19 vaccination campaign.
(B) Estimated change in the contribution of age group 65+ to COVID-19 attributable
weekly deaths in the week when COVID-19 vaccination campaigns started relative to
the beginning of the COVID-19 pandemic (top), and 8 weeks after the COVID-19 vac-
cination campaigns started (bottom).

groups is over-estimated. For ease of interpretation, we present the posterior contribu-
tions to COVID-19 weekly deaths, πa,w, aggregated by age groups 18–64 and 65+. We
show the inferred age profile of COVID-19 weekly deaths for New Hampshire and Texas
in Figure 5A, and for the other states in Supplementary Figure S8. We find substan-
tial variation in the age profile of COVID-19 deaths across states. For example, New
Hampshire observed a statistically significantly greater contribution of 65+ to weekly
COVID-19 deaths compared to the national median (dotted line), and Texas a sta-
tistically significantly lower contribution of 65+ to weekly COVID-19 deaths than the
national median. These differences may reflect heterogeneity in the age composition of
the populations, the larger burden of COVID-19 in ethnic minority groups (that are also
younger), and other factors (Hooper et al., 2020; Wadhera et al., 2020; Millett et al.,
2020; Katherine Schaeffer, 2019).
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The Bayesian model also allows to investigate how and where the age profile of
COVID-19 attributable deaths changed over time, by computing ratios of the form
πa,w/πa,w′ for different time points w and w′ along with associated posterior uncer-
tainty intervals. Figure 5B shows the states with statistically significant changes in the
age profile of COVID-19 attributable deaths before and after the start of COVID-19
vaccination campaigns. We refer to the beginning of the COVID-19 pandemic as the
first week of data availability, May 2, 2020, and the start of the COVID-19 vaccination
campaigns as the first week when at least 5% of the general population was vaccinated
(retrieved from Centers for Disease Control and Prevention, 2021a). Comparing the age
profile of deaths at the beginning of the COVID-19 pandemic to the week when COVID-
19 vaccination campaigns started, we find that the contribution of 65+ to COVID-19
weekly deaths did not change significantly in the majority of US states (36 states, shown
in orange). However 8 weeks after the COVID-19 vaccination campaigns started, the
contribution of 65+ to COVID-19 weekly deaths was significantly lower in almost all
states when compared to the week in which COVID-19 vaccination campaigns started
(shown in blue), illustrating the beneficial population-level effect of prioritising vaccine
allocation to higher-risk older age groups.

6.3 Predicted age-specific COVID-19 mortality rates

There is substantial interest in quantifying the total cumulative death toll attributable
to COVID-19, and placing the cumulative mortality rates into the wider context of
previous global pandemics and other leading causes of death (Cronin and Evans, 2021;
Simonsen and Viboud, 2021; Ahmad and Anderson, 2021). Using the Bayesian model,
we can predict cumulative COVID-19 mortality rates over time for each year of age
and US state by cumulating the weekly d�a,w in (3.4) over time and dividing by the
corresponding population sizes. We used as denominator the 2019 US Census Bureau
population size projections (U.S. Census Bureau, 2019). For ease of interpretation, we
report cumulative COVID-19 mortality rates aggregated by age groups 25–54, 54–75,
75–84 and 85+ as of January 01, 2022.

The predicted cumulative COVID-19 mortality rates in individuals aged 85+ are
shown in Figure 6A, and those for age groups 25–54, 54–75, 75–84 in Supplementary
Figure S9. By January 01, 2022, we predict cumulative COVID-19 attributable mor-
tality rates of 32.09� [31.86–32.32] in individuals aged 85+, 13.14� [13.05–13.23] in
individuals aged 75–84, 4.2� [4.18–4.22] in individuals aged 55–74, and 0.69� [0.69–0.7]
in individuals aged 25–54. Figure 6A illustrates the extensive variation in COVID-19
attributable mortality rates across the US. Lamentably, we predict that as of Jan-
uary 01, 2022, the cumulative death rates in individuals aged 85+ exceeded 40� in
Massachusetts, Rhode Island, Indiana, South Dakota, New Jersey and North Dakota
(in decreasing order). Notably, when considering mortality rates in other age groups,
other states ranked highest, indicating that factors other than overall disease burden
contributed considerably to the high mortality rates in the elderly (Supplementary Fig-
ure S9).

To illustrate this point further, Figure 6B shows the predicted cumulative mortality
rates in age group 85+ relative to the rate in age group 55–84 in the same state, i.e.
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Figure 6: Predicted COVID-19 attributable cumulative mortality rates.
(A) Posterior median estimates of the predicted COVID-19 attributable mortality rates
as of January 01, 2022 in individuals aged 85+. (B) Posterior median estimates of the
mortality rate ratio in individuals aged 85+ relative to those aged 55–84 as of June
01, 2021. Note we used a different observation end point here to investigate mortal-
ity rate ratios in the context of available data on deaths in nursing homes and other
long-term care facilities. (C) Association between the share of COVID-19 attributable
deaths linked to nursing homes and other long-term care facilities (The New York Times,
2021) as of June 01, 2021 (x-axis) and posterior median (point) and 95% credible inter-
val (error bar) estimates of the predicted COVID-19 attributable mortality rate ratio
in individuals aged 85+ relative to those aged 55–84, again as of June 01, 2021 (y-axis).
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the mortality rate ratio of predicted cumulative COVID-19 attributable death. We find
the mortality rate ratio ranged from 3.34 [2.27–4.74] in Hawaii to 12.25 [10.47–14.29]
in New Hampshire. Intriguingly, we find that the variation in the mortality rate ratio
in individuals aged 85+ relative to those aged 55–84 was highly and linearly correlated
with the share of COVID-19 deaths linked to nursing homes and other long term care
facilities, which we obtained from the New York Times and that were reported up
to June 01, 2021 (The New York Times, 2021) (estimated posterior median and 95%
credible interval of Pearson correlation coefficient 0.7 [0.49–0.82]). We cannot come to
causal conclusions from this univariate analysis, but the estimated strong association
effect suggests at least that the observed variation in age-specific mortality rate ratios
could be linked to differences in COVID-19 care, interventions, and treatment in nursing
homes across the US.

6.4 Variation in the scale of the summer 2021 resurgence

In July 2021, COVID-19 attributable cases and deaths started to rebound (John Hop-
kins University of Medicine, 2020). As is evident from the empirical data (Figure 1A)
and confirmed in our reporting delays-adjusted age-specific predictions (Figure 4), the
increase in COVID-19 attributable deaths was highly heterogeneous across US states,
with the largest increases seen in Florida, relative to the magnitude of COVID-19 deaths
in the previous waves. We hypothesised that the variation in the magnitudes of the sum-
mer 2021 resurgence in COVID-19 deaths could be associated with differences in how
comprehensively age-specific populations in each state had been vaccinated by that
time point. We note that the reporting strata of the weekly deaths (2.1) do not coin-
cide with the reporting strata of the vaccination rates (2.3). Thus, the two data sets
cannot be directly compared, and our Bayesian approach is advantageous because we
can straightforwardly aggregate predictions by one-year age groups to the stratifications
used in both data sets.

To test the hypothesis, we studied the upward trend in COVID-19 attributable
deaths from July 01, 2021 over the next 10 weeks. For each state, we define the start
of the summer 2021 resurgence as the first week, from July 01 2021, for which a 4-week
central moving average on the all-ages weekly COVID-19 deaths started increasing, and
which we denote by wstart

m . We only evaluated the next 10 weeks during which resur-
gences peaked to avoid the influence of other factors, and we denote the last week of the
summer 2021 resurgence period by wstop

m . The state-specific summer 2021 resurgence
period is shown as a shaded area in Figure 4 and Supplementary Figure S7. Next, we con-
sidered the relative COVID-19 deaths rm,c,w in statem, age group c, and week w defined
as the ratio of the expected posterior predictive weekly deaths in week w relative to its
maximum value attained in previous waves before the summer 2021 resurgence period,

rm,c,w = μ�
m,c,w

/
μ�,max
m,c , (6.1)

for w ∈ {wstart
m , . . . , wstop

m } and c ∈ C = {18–64, 65+}, which are the age strata in which
the CDC vaccination rates are reported. Here, μ�

m,c,w are the expected weekly deaths for
statem in age group c and week w as in (3.5), and μ�,max

m,c =max({μ�
m,c,w}w=1,...,(wstart

m −1)).
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By dividing the expected weekly deaths by the maximum value attained on previous
waves, the resulting relative COVID-19 deaths in (6.1) are adjusted for state-specific
factors that may influence the magnitude of SARS-CoV-2 infections and COVID-19
deaths such as population density and demographic composition. We then formulated a
random-effect meta-regression model that uses the CDC vaccine coverage data as pre-
dictor for the relative COVID-19 deaths (6.1) in the 50 US states. We defined the pre-
resurgence vaccination rates as the proportion of fully vaccinated individuals 14 days be-
fore the start of the summer 2021 resurgence period, and denote these for statem and age
group c by vpre-resurgencem,c . The meta-regression model is considering data in weeks during
the summer resurgence w ∈ {wstart

m , . . . , wstop
m } and for the age strata c ∈ {18–64, 65+},

rm,c,w ∼ LogNormal
(
ξm,c,w, κ

2
m

)
,

ξm,c,w = χm,c + ψm,c (w − wstart
m ),

χm,c = χbase
c + χstate

m,c + χvacc
c vpre-resurgencem,c

ψm,c = ψbase
c + ψvacc

c vpre-resurgencem,c

χbase
c , ψbase

c ∼ N (0, 52),

χstate
c,m ∼ N (0, σ2

χ),

σχ ∼ Cauchy+(0, 1),

χvacc
c , ψvacc

c ∼ N (0, 2.52),

κm ∼ Cauchy+(0, 1),

(6.2)

where χm,c correspond to state- and age-specific baseline terms at the start of the sum-
mer resurgence, and the ψm,c capture state- and age-specific growth rates. Here, effects
of the pre-resurgence vaccination rates on the baseline and growth rates of the relative
deaths are captured respectively by χvacc

18−64, χ
vacc
65+ and ψvacc

18−64, ψ
vacc
65+ . The random effects

on the baseline, χstate
m,c , capture the widely different magnitudes of the epidemic in each

state by the start of the summer resurgence. Considering the growth rates, we found
that (6.2) already fitted the data very well (Supplementary Figures S10–S11), and so
we omitted state-specific random effects on the growth rate in the final model. All prior
distributions were specified to be vague, in the sense that the empirical distributions
lied well within the prior range.

Figure 7A shows, for illustration, the time evolution of the relative COVID-19
deaths (6.1) among individuals aged 18–64 (left) and 65+ (right) during the summer
resurgence for the four most populous states. The corresponding pre-resurgence vacci-
nation rates are shown in colours. Figure 7B shows the relative COVID-19 deaths at the
peak of the summer 2021 resurgence wave against the pre-resurgence vaccination rates
for the 50 US states. Across the 50 US states, and accounting for uncertainty in the
rm,c,w by coupling (3.5) and (6.1–6.2) in the joint Bayesian model, we find that higher
pre-resurgence vaccination rates were associated with smaller relative COVID-19 at-
tributable deaths during the summer resurgence (estimated posterior median and 95%
credible intervals of ψvacc

18−64 = −0.44 [−0.58,−0.29] and χvacc
65+ = −2.67 [−5.01,−0.33];

χvacc
18−64 and ψvacc

65+ were negative but not statistically significantly so in term of the 95%
posterior credible intervals). A forest plot on effect sizes is shown in Supplementary
Figure S12.
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Figure 7: Meta-analysis of resurgent COVID-19 deaths during the summer
2021. (A) Posterior median estimates (line) along with 95% credible intervals (ribbon)
of the relative COVID-19 deaths (6.1) over the summer 2021 resurgence period are
shown against week indices of the summer 2021 resurgence that correspond to different
calendar weeks for each state (see text). Pre-resurgence vaccination rates are shown
in colour. Data are shown for the four most populous states for illustration purposes.
(B) Posterior median estimates (point) along with 95% credible intervals (error bar)
of the relative COVID-19 deaths (6.1) at the peak of the summer 2021 resurgence
are shown against the pre-resurgence vaccination rate for the 50 US states. US state
abbreviations are shown next to estimates.

6.5 Projected impact of varying vaccine coverage on resurgent
COVID-19 deaths

To illustrate the implications of the inferred associations between pre-resurgence vac-
cine coverage and COVID-19 deaths in summer 2021, we considered four counterfactual
analyses. Specifically, we projected the weekly COVID-19 deaths under four counterfac-
tual pre-resurgence vaccine coverage scenarios, assuming that the estimated associations
are causal. In the first and second counterfactual projections, the pre-resurgence vacci-
nation rates among 18–64 year olds in all states were fixed respectively to the minimum
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and maximum pre-resurgence vaccination rates among 18–64 year olds observed across
the 50 US states. In the third and fourth counterfactual projections, the pre-resurgence
vaccination rates among 65+ year olds in all states were fixed respectively to the min-
imum and maximum pre-resurgence vaccination rates among 65+ year olds observed
across the 50 US states. The pre-resurgence vaccination rates among 18–64 year olds
ranged from 20.19% in West Virginia to 52.46% in Massachusetts. The pre-resurgence
vaccination rates among 65+ year olds ranged from 44.76% in West Virginia to 88.53%
in Connecticut. We consider these counterfactual scenarios as realistic, as they focus on
retrospective evaluations rather than forecasts, and are limited to the observed range
of vaccination rates.

Figure 8 summarises the counterfactual projections for all US states. From July 03,
2021 to September 25, 2021 and across the 50 US states, we project that the death toll
in 18–64 would have increased by 129.22% [53.51, 271.34] if pre-resurgence vaccination
rates among 18–64 in all states had been the same as the minimum pre-resurgence
vaccination rate across states (Figure 8A). Furthermore, we project that the death toll
in 65+ would have increased by 175.6% [33.3, 499.63] if vaccination rate among 65+ in
all states had been the same as the minimum vaccination rate across states (Figure 8B).
Conversely, we project that 49.91% [30.81, 64.38] of all deaths in 18–64 were avoidable
if pre-resurgence vaccination rates among 18–64 in all states had been the same as the
maximum pre-resurgence vaccination rate across states (Figure 8C) and that 31.47%
[10.44, 47.7] of deaths in 65+ were avoidable if pre-resurgence vaccination rates among
65+ in all states had been the same as the maximum pre-resurgence vaccination rate
across states (Figure 8D). Stratified results by US state are shown in Tables S5–S6.

7 Discussion

We present a Bayesian semi-parametric modelling approach to estimate and report lon-
gitudinal trends in COVID-19 attributable deaths by 1-year age bands across the United
States. The model is informed by COVID-19 attributable weekly deaths reported by the
CDC, the official agency providing such data at the finer spatial resolution in the US.
In comparison to the crude CDC data, the predictions are for all weeks, and account
for missing and censoring present in the crude data. The predictions of the model also
adjust for reporting delays and for over- and under-reporting, by allowing the use of an
external dataset for calibration, for which we used the curated JHU all-ages COVID-19
attributable deaths. Importantly, the Bayesian model predicts COVID-19 attributable
deaths by 1-year age band. These predictions have broad application, from quantifying
the presence and extent of shifts in the age profile of deaths to estimating age-specific
mortality rates and uncovering variation in age-specific mortality across states, or char-
acterising the impact of age-prioritized vaccination strategies. Our estimates in Figure 6
and similar should not be misunderstood as a league table, but rather as a tool towards
better understanding of the differential impact that COVID-19 had across US states,
and as a step to characterize the relative effectiveness of infection control and clinical
care measures. The model implementation is portable, freely available and computa-
tionally efficient through its implementation in Stan and the use of B-splines projected
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Figure 8: Projected COVID-19 attributable deaths under counterfactual vac-
cine coverage during the summer 2021 resurgence period. The posterior median
estimate (dot) and 95% credible interval (error bars) of the proportional change in the
expected posterior predictive cumulative COVID-19 attributable deaths at the end of
the summer 2021 resurgence period under the counterfactual scenarios is presented.
The x-axis shows the difference from the actual to the counterfactual pre-resurgence
vaccination rates assuming that the pre-resurgence vaccination rates among individuals
aged 18–64 in all states had been the same as the minimum (A) and maximum (C) pre-
resurgence vaccination rate across the 50 US states; that the pre-resurgence vaccination
rates among individuals aged 65+ in all states had been the same as the minimum (B)
and maximum (D) pre-resurgence vaccination rate across the 50 US states.

Gaussian process priors. For these reasons, we find that the model is a useful tool to im-
prove the reporting of COVID-19 deaths and facilitate demographic and epidemiologic
analyses at finer granularity.

Our analyses of the COVID-19 resurgences in the US during the summer 2021 pro-
vide further support for the hypothesis that lower vaccine coverages in several states are
associated with larger COVID-19 death counts (Sah et al., 2021; Moghadas et al., 2021).
However, there are a large number of behavioural, governmental and state-specific dif-
ferences that modify this effect size. We have here attempted to agnostically account
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for these via random effect terms, but it should be noted that we do not explicitly
model these factors. Additionally, our study only considered the period of resurgence
during the summer 2021. During late 2021 and early 2022, the new SARS-CoV-2 variant
of concern Omicron emerged. The epidemiological properties of this variant as well as
the change in policy around its control may not allow our model, as is, to generalise
well. Applying our model to new variants in different temporal periods will require the
relevant context to be taken into account.

We developed B-splines projected Gaussian process priors to describe the time trends
in the age profile of COVID-19 deaths through a non-parametric 2D random surface.
We placed GP priors on the B-splines coefficients, showed that the model is again a
GP, and derived the B-splines projected kernel function of the GP. We showed that the
model can be interpreted as regularised B-splines, and find that the negative determi-
nant of the covariance matrix in the log-likelihood, often referred to as Occam’s factor
(MacKay, 2003, chap. 28), plays the same role as the penalty of smoothing splines and
P-splines (O’Sullivan, 1986; Eilers and Marx, 1996). Compared to a standard 2D GP,
improvements in runtimes lie both in the fact that fewer parameters on the 2D surface
are estimated (from n×m to I × J), and that the computational complexity in calcu-
lating covariance matrices is reduced (from O(2(n×m)3/2) to O(2(I ×J)3/2)), where I
and J are the number of B-splines on A and W , and n and m are the number of points
on A and W with I < n and J < m. On simulations and on real data, we find the model
induces better smoothness properties where these are warranted and avoids over-fitting
compared to standard B-splines (d. Boor, 1978) and Bayesian P-splines (Lang and
Brezger, 2004) in the settings that we considered. B-splines projected Gaussian process
priors are likely an appealing addition to the arsenal of Bayesian regularising priors.

Supplementary Material

Supplementary Material to Regularised B-splines projected Gaussian Process priors to
estimate time-trends in age-specific COVID-19 deaths by Monod et al.
(DOI: 10.1214/22-BA1334SUPP; .pdf). The online Supplementary Material contains
the derivation of the likelihood of Section 3.1, the proof of regularised B-splines pro-
jected Gaussian Process priors’ properties discussed in Section 3.2, the prior sensitivity
analyses and the templated Stan model files.
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