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In Logical Forms, Sainsbury [1991, 219] remarks:

Whatever one might want from the "Law of Identity" (the validity of
every sentence of the form "a = a") can be obtained from a conditional
version of the law (the validity of every sentence of the form "(3JC) (x =

Sainsbury's restriction of the "Law of Identity" points the way to a novel
solution for Russell's Paradox, obtained by restricting Cantor's Compre-
hension Principle, as in (1):

(1) ßy) (Ух) [(x G y)** {{x = x)& (.. л...))] •

From (1) we have (2):

(2) (Vx) [(x € R)** ((x = x) & ~ (* E x))] ;

and from (2), (3):

(3) (ЙЁЙ)« ((R -R)& ~(R ER)) .

(3) and Sainsbury's principle together yield that there is no R:
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(4) ~ßx)(x=R).

Of course, (1) is to no avail if it does not eliminate the other paradoxes.
On the other hand, if (1) does — and if, as Salisbury's restriction of the
"Law of Identity" suggests, not everything is self-identical1 — (1) is
preferable to Zermelo's Axiom of Separation, for a fundamental reason:
unlike Zermelo's axiom, it restricts set-membership to the self-identi-
cal.2
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1 If everything were self-identical, why restrict the "Law of Identity"?
2 The appropriateness of this restriction is established by (5):

(5) (Ух) (ßy}(x = у) « ßy)(x e у)) .


