LIFTINGS COMMUTING WITH
TRANSLATIONS

C. IONESCU TULCEA
NORTHWESTERN UNIVERSITY

1. Introduction

Let Z be a locally compact group and f a (left invariant) Haar measure on Z.
We denote by Mg (Z, f) the Banach algebra of all bounded real valued measur-
able functions defined on Z, endowed with the norm

(1.1) f# |fllo = sup.ezlf(2)],

and by C%(Z) the subalgebra of all continuous bounded real valued functions
defined on Z.

For two functions f and g, with domain Z, we write f = g, whenever fand g
coincide f® almost everywhere.

We denote by £ the tribe of all measurable parts of Z and by %, the clan of all
A € B satisfying f®(A4) > + 0.

A mapping p: MZ(Z, B) » MR (Z, B) is a lifting of MR (Z, B) if:

® e =S
(1) f = g implies p(f) = p(g);
() p(l) =1
) f 2 0implies p(f) = 0;

v) plef + Bg) = ap(f) + Bp(g);
(vi) p(fg) = p(flr(9).

Forse Zand f: Z - R we denote y(s)f the mapping z  f(s~'2) of Z into R.
A lifting p of MF(Z, B) commutes with (the left translations of) Z if

(vir)  p(y(8)f) = y(s)p(f)

forallse Z and fe Mg (Z, B).

In the paper [1], published in the Proceedings of the Fifth Berkeley Sym-
posium, it has been shown that for every locally compact group Z there exists a
lifting of MR (Z, B) commuting with Z and that such a lifting is strong. In the
next two sections we shall give two applications of this result.
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