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Appendix: Braiding compatibilities

Dennis Gaitsgory

§1. Imntroduction

Let us recall the following basic constructions from [3]: 1 for § €
PervG(a)(Gr), by taking nearby cycles we obtain Z(8) € Pervy(Fl).
Moreover, for 8§ as above and T € Pervy(Fl) we have a perverse sheaf
C(8,7) € Perv;(Fl) with isomorphisms

Z(8)*T — C(8,7) «— T+ Z(8).

We will denote the resulting isomorphism Z(8) xT — T % Z(8) by us 7.

In addition, we will denote by vs, s, the morphism Z(8;)* Z(83) —
Z(Sl * 82) for 81, 87 € Pervc(ﬁ)(Gr).

There are 3 properties to check:

1) Let T3, T2 be two [-equivariant perverse sheaves on Fl, and 8 be
aG (6)-equiva,riant perverse sheaf on Gr. We must have a commutative
diagram:

us g, xidy,

Z(8) % T1x T
“5,71*721 idy, *us,frzl

Ty xToaxZ(8) —20 TyxTaxZ(S).

Ty * Z(8) % T

2) Let 83,8, be two G(0)-equivariant perverse sheaves on Gr and
T—an I-equivariant perverse sheaf on Fl. We must have a commutative
diagram:

id *U [ *id
Z(8:1) % Z(82) » T —2 225 7(8,) % T % Z(85) ——2C2 T % Z(81)  Z(82)
’Usl,sz*idg'l id'J' *vsl’szl
Z(81 x82) x T Turia? ‘I*Z(Sl*Sz)—id—>‘I*Z(81 * 82).
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1Qur notations follow those of [3].



