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A NOTE TO MY PAPER:
ON CHARACTERIZATIONS OF THE FIRST-ORDER
FUNCTIONAL CALCULUS

JULIUSZ REICHBACH

In [1] I have presented two characterizations of theses of the first-
order functional calculus; the first characterization may be modified in
the following vvay:1

D.0. Q(k).=.Qisa non-empty set of tables of the rank k.
D.1. Q/T,ig.e., =.QT) G7p)-.- Qi) UT; e DA AT, l7p5---,
im]=[Tli13-"9z ]}

O/T, i ...,i, asserts that [T|i1, ...,i ] is a submodel of some
T, € Q in the meaning of homomorphism.

D.2. T, /Ty igye-. ,im, iz (Tl oo, ] =[Tlip - nyi DA
O/Tyyipsennsiy, i

D.3. Qlrkl . =. (r <k A QR) A G- (im+1) (T) {(m < 1) A CETII
i mi1 BTE dlffetent numbers < k) A Q/T, 11, ceesi o A Q/T, by
(:IT) (T, Q/TI, ipp o 3 I A G- m—1) {(]'1, ceesfgisa
subsequence of 7,, ... ,i ) A o/T, Tppeee - (1 T1|]1, ..

’is’ im+1
isy zm+1] =[Tli1, LIS ’js’ lm+1])})}'

The meaning of D.2. and D.3. is clear, see D. 1.

For an arbitrary T of the rank k, for an arbitrary Q such that Q(k) and
for an arbitrary formula E whose indices of free variables occurring in it
are < k, we introduce the inductive definition of the functional V:

(1d) VAT, Q,f'”(xr,...,x V=1. F (rps e v esry)s

(2d) V{T Q, } 1 = ~V{T Q7 } - = {T, Q9 F}=0

34) VIT, Q, F+G}=1.=.VIT, Q,F} IvV{T,Q,G}-_-

(4d) VIT, Q, MaF} =1 .= . @A) (TP{GE <R AT, Q/Tpyipy e, LY
i» VT, O, Flx/a)} = 1}

D.4. E e P(Q) .=.(T){H) {(HeAED)> OT, ip,..., iw(H)}-» WT,
Q, E}= 1}-
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D.5. E€P|lrk|.=.(Q){Q{r k}> (Ee PO}
D.6. EeP.=.E¢P{n(E), 2(E)

The meaning of the above definitions is analogous to the given in
[1]. Analogously to the proof given in [1] we may also prove that P is the
class of all theses: the whole proof is given in [2].

The theorem remains true, if in D.3. we assume k =7, m + 1 = r, but then
in the definitions (1d) - (4d), D.4.-6. the table T has not the rank of ele-
ments of Q, but has the rank n(E) and elements of Q have the rank 3 (E),
see [3]. Ones give an interesting connection between the considered cal-
culus and 8, propositional calculus, see [4]..

NOTE

1. We use the notation given in [1].
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