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l&essers* Anzai and Ito and others
proved Independently the following fact
with help of an Integral inequality.

Let within a set & whose total
measure is 1* there be infinitely many
subsets At , each having a measure
greater than oc Then, for a given In-
teger N and a positive number t there
are v suitable integers i,< <i.

v
 such

that tn, Ai,Λ -nAi* > cxΛ-e
The object of this note Is to give

a more precise result by an arithmeti-
cal approach«

Theorem* Let within a set &^ who-
se total measure is 1,there be rt sets
Λi

t
A», «. An, whose mean measure equals to

OL β Then, if n is greater than a
certain integer n

o
 which is determined

by an integer A/C<^> and a positive
number ε , we can choose a set of N
Integers ι,<— <i

v
 suitably such that

""* Aii/i •• 71 A u > ot"-e
Proof Let us consider a set B

o

of points which do not belong to any
one of AΊ'Λ , and let ™B<,*-fr

β
 . Let

us consider a nst B* of points which
belong to just fa of Ai's * and let
m B ^ s ^ ίft-t ̂ n), Then the conditions
can be written as follows:

( 1 ) Γ * f e £ θ C * « o , i , - , τ ι )J

In order that -ot"+ αN + £ ^o i t is suf-
ficient that every bracket is positive
or zero, as % s o But

and t | Γ ^ ^ - -

0

when ΎI~*©« Hence we surely get
- ε when u Is greater than a certain
value no * When we estimate the above
inequality a l i t t l e more precisely, we
shall see that i t i s always enough that
ifi0 i s notβ l ess than w-ψt

A typical example i s an ideal mix-
ture. In this case mAij^-nA^ are
a l l equal to oC"

A:

ϋί?.

And the quantity In question
^ i given by

(2)

And conversely when subsets B* are given
satisfying these relations (1) and (2)
(where τrn.a& =:£*), we can compose sets Λι
by dividing B^ arbitrarily Into (*g)
parts CίV-ίfc (i/el, a,-,τv; and by col«
lectlng sets Cj,,^ whose suffices
contain £ to a set Λ» ci»f, a,—,tι)

Now,

(^) Received March 7, 1949.
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