NOTRE DAME JOURNAL
OF
FORMAL LOGIC

Edited by
Bolestaw Sobocifski

VOLUME IX 1968



VOLUME IX

1968

©

Published quarterly by the University of Notre Dame
Notre Dame, Indiana

Copyright © 1968 by the University of Notre Dame



NOTRE DAME JOURNAL OF FORMAL LOGIC
Volume IX, 1968

CONTENTS

In memoriam Edward John Lemmon (1930-1966).

By Ivo Thomas . .......... c e e e e e e e e e e e e
Note on definitional reductions. By Jonathan F. Seldin. . .. ... 4
Ontology in the Tractatus of Wittgenstein. By Roman Suszko . . 7
The Rule of Pierce. By Ivo TROMAS « + v « v v s v v v ot o v v n e 34
Creative sequences and double sequences.

By Sr. M, Adrian Carvpentiev, OS.U.ei « v v v e v v v 0 v v v v v 35
Some proofs on relative completeness in modal logic.

By M. dJ. Cresswell .. ........ 62
A philosophical remark on G8del’s unprovability of consistency

proof. By Francesca Rivetti Barbo ... .....uee'e.uv. 67
Completeness without the Barcan formula. By M. J. Cresswell. 75
Normal form generation of S5 functions via truth functions.

By Gevald J. Massey . . ......uu.. et e e e .. 81
On provable recursive functions. By H. B, Engerion. .. ... .. 86
A note on the arithmetical hierarchy. By Stephen L. Bloom . . . 89
On the Leibnizian modal system. By Sefsuo Saito. ... ¢..... 92
Modal logics with two kinds of necessity and possibility.

By Paul Weingaritner . . .. v v v v v v o oo oo s osnsennnas 97
On propositional, truth and Boolean functions.

By Tudor Ristea . . . .. e e et et .. 160
Syntactically free, semantically bound. By Hugues Leblanc ... 167

An infixed, punctuation-free notation.
By W. C, Wilcoxand R, D. Carmnes . « « « « « v e e e o0 eee.. 171

Propositional logic in the sixteenth and early seventeenth
centuries, By E. J. AShworth . . « v v v v v v v e v v eee.a. 179

Results regarding the axiomatization of partial propositional
calculi. By W. E. Singletary . . . « « « v o v et v s evesee.. 193

Equational logic. By C. A. Mevedith and A. N. Priov........ 212
Petrus Fonseca and material implication. By E. J. Ashworth. . 227
The middle term. By Sibajiban . . . . . e et ... 229



Towards a logic of significance. By Leonayd Goddavd. . .. ..

Modified strong reduction in combinatory logic.
By Kenneth LOCWEN « o v v v v s v o s 0o oo s sessonsnsss

A standardization theorem for strong reduction.
By Kenneth LOCWENR « « v v « v v v o ot o v o vt v nsennnsos

Note on duality in propositional calculus.
By Chandler Works and Wolfgang Yourgrau . .. «. .. ...

On Kleene’s recursive realizability as an interpretation for
intuitionistic elementary number theory.
By Robert R, TOMERINS . v v v v v v v vttt st nnannnens

The propositional calculus MC and its modal analog.
BYJ.Jay Zeman. . . « « o« « « v o s s o oot osetatecenas

The Church Rosser theorem for strong reduction in
combinatory logic. By Kenneith Loewen. . . .« . v o o o« ..

A note on the structure of the power set. By G. F. Schumm . . .

Approximation to a decision procedure for the halting

problem. By Michael AndeySon. . . ... ...eeeeeeeeses

The logical concept of existence. By Jokn T. Kearns. . .. ....

Logical continuity. By Hugh S. Chandlev . . .. ... .ot v s

On explanation of number progression. By Chung-ying Chang. .

A note on theses of the first-order functional calculus.

By Juliusz Reichbach . . « « v v v o v v v v v v ottt o e v e
On symbolizing singulary S5 functions. By John Thomas Canty .

Definitional Boolean calculi. By Richard Cole . .. ... ... ..

The shortest axioms of the implicational calculus.

By Richavd TurSman . . . « « v « v o o o o o o

Propositional sequence-calculi for inconsistent systems.
By Andrés R. RAZETI0 . « v v v v vt v ottt innannnens

A first order type theory for the theory of sets.

By Fred Coppotelli . .. v oo v etetnenenesoeoeonns

Examination of the axiomatic foundations of a theory of
change. I. By Laurent Larouche . . . « . « « « v v o v e v o o

Incompleteness of a logic of Routley’s. By A. Trew .......

Correction to my paper ‘“Some completeness results for

intermediate propositional logics’’. By C. S. McKay. . ...

233

265

271

284

289

294

299
303

305
313
325
329

335
340
343

351

359

367

371
385

388



NOTRE DAME JOURNAL OF FORMAL LOGIC
GUIDE TO AUTHORS SUBMITTING ARTICLES FOR PUBLICATION

Articles are invited for publication in the Journal, which are devoted to sym-
bolic logic and its applications, to metalogic, semantics, the foundations of
mathematics, to the history of logic and to the fields immediately related to
logic. Articles and all editorial correspondence should be sent to B. Sobocifiski,
Editor, Box 28, University of Notre Dame, Notre Dame, Indiana 46556, U.S.A.

All manuscripts of articles for publication in the Journal should be typewritten
with wide margin and wide spacing between lines. Particular care should be
taken to allow sufficient space between lines containing subscripted and super-
scripted symbols. All footnotes should be numbered consecutively and typed
with wide spacing at the end of the article; footnotes may appear in print at the
bottom of the appropriate pages, but should nevertheless be submitted in this
form. A footnote which acknowledges a debt of the author to a foundation grant
or individuals should be given with an asterisk for reference. All references
should be listed at the end of the article after the footnotes, numbered consecu-
tively and typed with wide spacing between lines.

It is acceptable to write in special symbols normally not available on a type-
writer. However, authors should be careful to supply a list or description of
special symbols for the printer and should underline various types of symbols
in different colors throughout the manuscript, e.g. red for Greek letters, green
for Gothic letters, etc. It is suggested that author’s refer to back issues of the
Journal for examples of the style of composition. Reference to the use of
special symbols in such articles will facilitate composition and can be given in
the instructions to the printer.

Authors are generally given proof sheets for correcting errors that occur in
composition. However. any special composition costs arising out of an author’s
revision of text of an article in proof will be charged to the author.

Authors will receive fifty reprints of each article and additional reprints or
covers for reprints may be purchased.

Now Available

Twenty year
Cumulative Index,
1947—1967

THE REVIEW OF

METAPHYSICS

The Twenty year cumulative index covering

the first twenty volumes of The Review of Metaphysics
is divided into three sections: a subject index;

an author index; and an index of books

that have been examined in Critical Studies.

$3.00

Orders can now be placed for the Index.

For further details write to

THE REVIEW OF METAPHYSICS,

214 Lyman Beecher Hall, Haverford College,
Haverford, Pa. 19041




T h M b An International Quarterly Journal
C 0 ﬂ l St of Generval Philosophical Inquiry
Founded 1888 by Edward C. Hegeler Editor, Eugene FREEMAN

Editorial Board: Monroe C. Beardsley, Lewis White Beck, William Frankena,
Richard Martin, Fr. Joseph Owens, Wilfrid Sellars, John E. Smith
Managing Editor, Ann FREEMAN

EACH ISSUE is limited to articles on a single general topic:
GENERAL TOPICS FOR recent and forthcoming issues:

Vol. 52, No. 1 Jan. 1968 Philosophy of Education

Vol. 52, No. 2 Apr. 1968 Aristotle

Vol. 52, No. 3 July 1968 Philosophic Problems of Social Science
Vol. 52, No. 4 Oct. 1968 Human Rights

Vol. 53, No. 1 Jan. 1969 Philosophy of History

Vol. 53, No. 2 Apr.1969 Logic, Ontology, and Linguistics

Vol. 53, No. 3 July 1969 Basic Issues in the Philosophy of Time
Vol. 53, No. 4 Oct. 1969 Philosophy of the History of Philosophy
Vol. 54, No. 1 Jan. 1970 Virtue and Moral Goodness

Vol. 54, No. 2 Apr.1970 The Philosophic Proofs for God’s Existence
Vol. 54, No. 3 July 1970 Legal Obligation and Civil Disobedience
Vol. 54, No. 4 Oct. 1970 Foundations of Democracy

Editorial Office: Department of Philosophy, San Jose State College, San Jose,
California 95114

Business Office; Box 402, LaSalle, Illinois 61301

Rates: Annual (4 issues) $6.00 for institutions, $4.00 for individuals, single
copies $1.50 (foreign postage extra: annual, 60 cents, single copies, 15 cents)

The Journal of Philosophy

A BIWEEKLY journal containing philosophical articles of
current interest and encouraging the interchange of ideas.
Editors: John H. Randall, Jr., Arthur Danto, Sidney Mor-
genbesser, Charles D. Parsons, and James J. Walsh.
$7.50 a year; to students, $6.00; 50 cents a copy.

Now AVAILABLE: Cumulative Fifty-year Index, 1904-
1953; articles classified by subject and author; 452 p.,
cloth, $12.00. Also, Ten-year Supplement, 1954-
1963; $3.00 cloth, $2.00 paperbound. Both Indexes,
bound together, $15.00.

BACK NUMBERS and volumes: 1960 to 1967 (LVII to
LXIV). 50¢/issue. $12/volume: 1940 to 1959 (XXXVII
to LVI), 75¢/issue, $18/volume; 1904-1939 (I to
XXXVI), $1/issue, $24/volume.

720 Philosophy Hall, Columbia University, New York City 10027






