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Let A be a function algebra on a compact Hausdorff space Yy i.e., a
uniformly closed subalgebra of the algebra of continuous functions C(Y) which
separates the points and contains the constants. We denote by Xy M(A) and
3(A) the maximal ideal space, the Choquet boundary and the Silov boundary,
respectively. We assume that A is represented on X. The Choquet boundary is
characterized by the extreme points of the positive linear functionals of norm 1,
so M(A) is independent of the representing space X. A subset E of X is said
to be a peak set in X if there exists fe A such that \f(ρ) \ =1 on E, \f(p) \ < 1
on X—E. In the relationship between the algebra A and the representing space,
a subset which is an intersection of peak sets plays a distinguished role. In
connection with this, the following is known ([3]).

THEOREM. If E is an intersection of peak sets in X, then the restricted
algebra A\E is closed in C(E) and 3(A\E)rd(A)nE.

The object of this note is to prove the following

THEOREM. Let E be an intersection of peak sets in Xy then M(A\E)
= M(A)ΠE.

The following is proved in [2].

LEMMA. po^M(A) if and only if for every neighborhood U of pό in X,
there exists a sequence [fn] in A such that | | / J | ig 1, \fn(p0)\ —> 1 and fn(p)
—>0 uniformly for X—U.

P R O O F O F T H E O R E M . First, suppose that ρozM(A)Γ\E. Let UnE be a
neighborhood of p0 in E. There is a sequence {fn} in A satisfying the
condition for U. Let gn—fn\E. [gn] satisfies the condition for UnE. Thus,
ρoeM(A\E). Conversely, let ρoeM(A\E). We prove that p0 e M(A). Let U be
an open neighborhood of p0. Take [gn] in A\E such that \gn(po)\-+l> \\gn\\E^ 1
and gn(E—U)-+0. Replacing gn by (1 — l/n)gn if necessary, we may assume that
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\\gn\\E<l. Since A\E is isometric with A/k(E).*> We have | |^ n |U=| |/ n | l f o r

some fnzA such that | |/J| ^ 1. Since gn=fn\E, \fn(ρ0)\ -> 1 and sup \fn(ρ)\
E~ XT

—> 0, so

l/«,(/»β)l>l-V* and sup |/,.(/>)|< 1/2*. for some ^ .

There exists an open set G containing E—U such that

sup \fnSp) I < sup^ I fn£p) I +1/2* < 1/k,p

and by compactness of E—U we can select a finite intersection ϋ£0 of peak

sets such that EQ — U<zG. Eo is itself a peak set, so a function jf^A peaks on

Eo and, since G\jU is an open set containing Eo, we have

sup I gm*(p)fnk(p) I ^ sup

for a large mΛ. Let hk = gmkfnk. Since C/ cc(GU U)cUG and sup \hk{p)\ ^

S U P \fnk(p) I < 1/*, we have

sup I ^ J K l / i .

Clearly, ||AΛ|| ^ 1 and |A*(ρo)l = IA(ίo)l>l-l/* Thus, we have pozM(A).
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*) k(E) denotes the kernel of E a n d / means the equivalence class in A/k(E)which contains / .




