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Since any subgroup of a solvable group is solvable, G cannot be 
solvable. 
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1. In [l] Cayley showed that the total number of (free) trees 
with labeled vertices Vi, • • • , vn is nn~2 by exhibiting a correspond­
ence between them and the terms of (vi+ • • • +vn)

n~2viv2 • • • vn. 
This note shows that the correspondence determines the trees of 
given degree specification (the degree of a point is the number of lines 
incident to it; the degree specification is (fei, k2, • • • ) with ki the 
number of points of degree i). More precisely, if T(n; ki, fe» • • • ) is 
the number of labeled trees with degree specification (fei, k2, • • * ) it 
will be shown that 

Tn(xh x2, • • • ) = X T(n; ki, k2i - - - )xix2 • • • 

= Oc[Yn^2(Jx2Xi , • • • jfXn^iXi ) 

with fk=fk = (n)k = n(n-l) • • • (w-fe + 1), and Yn the Bell multi-
variable polynomial. 

2. In symmetric function notation Cayley's expression is (l)n~2(ln) 
on n variables. The multinomial theorem in symmetric function form 
[2, p. 43] is 

(!)n = £ Ü (pi2*2 . . . „*»), kx + 2k2 + • • • + nkn - ». 
I!*1 • • • nlkn 

Hence, on n variables 
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(2) (1)-*(1") = E 1 t t l
 ( n 7 2 ) ' ,» . (1—*2*i3»« . . . ( » - 1)*-») 

11*1 • • • (n — 2) 1**-» 
with k = ki+k2+ • • • +few~2. In the symmetric f unction (ln-*2fcl • • • 
(n — l)kr^2) there are 

(n — £)!£i! • • • kn-î\ 

terms in which n — k variables are of degree 1, and ki variables are of 
degree i+1. Hence 

(i)r«(*i,*i, • • o = z, ——r~rv7r) ' * * IT—^r) 

= ^Fn-2C/i2«7 , • ' ' ,/^n-l^r ), ƒ*=ƒ& = (»)* 

as stated above; the notation follows [4]. 

3. Some special cases of (1) are worth noting. First the enumerator 
by number of points of degree 1 (end points) is Tn(x, 1,1, • • • ). But 

n 

Yn(x, x, • • • ) = an(x) = 23 S(n} k)xk 

with S(n, k) the Stirling number of the second kind. Hence 

Tn(x, 1, • • • ) = x*Yn-2(fx-\for\ • • • , for1) 

= £ S(n-2, k)fkx»~k 

(3) &*o 

n 

« Z 5 ( « - 2 , » - *)(»)*.**» 

which is given by A. Rényi in [3]. 
Next the enumerator by number of points of degree 2 is 

Tn(l,x, 1, . . . ) = Fn_2(/*, ƒ , • • • , ƒ ) . 

Since 

exp uY(fghfg2, • • • ) = expfiugi + w2£2/2! + • • • ) , 

F » ^ Yk9/>mfk9 

it follows that 

expuY(fx,f, • • • ) = exp/(eM — 1 — M + ^#) 

- exp «(&(/) + ƒ*), J*(/) «»*(ƒ), 
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where bn(s) is the associated Stirling number polynomial (enumerat­
ing permutations by number of nonunitary ordered cycles) given in 
[4, p. 77]. Hence 

Tn(l, x, 1, • • • ) = (&(ƒ) + ƒ * ) - » , fzsfk = (*)* 

(4) ^ 2 / » - 2\ 
]C ( , ) %k X) bn~2-kAn)k+j 
fc«0 \ k / y«=o 

with numbers bnj defined by bn(s) = XXys ' ( a short table appears in 

[4]). 
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