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On local characterization of almost continuous
functions

The class C ( of continuous real functions of a real variable ), Con ( of
functions with connected graphs ) and D (of Darboux functions ) forming

the sequence of inclusions
CCConCD

can be characterized locally ( see [1], [2] ). The class A of almost continuous
functions in the sense of Stallings is to be characterized locally. This is one
of the approaches to that problem.

Definition 1 A function f : (a,b) — R is said to be almost continuous at
a point zg € (a,b) from the right side iff

1. f(z) € L*(f, o), where L*(f,zo) denotes the cluster set of the function
f at the point z¢;

2. there is a positive € such that for an arbitrary neighbourhood G of
f I[xo.oo): arbitrary y € (liminft_wo,u f(t),limsupt__zo,u f(t)), arbitrary
neighbourhood of the point (zo,y) and arbitrary t € (zo, To+¢€) there is
a continuous function g : [z, zo + €] — R such that g C G U U,

g(zo) =y, g(t) = f(1).

Similarly, we define almost continuity at zo from the left and we say that f
is almost continuous at z¢ if it almost continuous at both sides.

This definition is good enough to get the following properties:

Property 1 A function f : [a,b] — R is almost continuous if and only if
it is almost continuous at each point of [a,b]. ( The interval [a,b] can be
replaced by open interval (a,b) ).

Property 2 The set of all points of almost continuity of any real function
of a real variable is of the type Gs.

Property 3 If f is continuous at zo, then it is almost continuous at z;
if f is almost continuous at zq, then it is connected at zo.
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