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l Let F be an arbitrary field. Let S be a system of equations
which, when solved for two of its variables, takes the following form:

(1)

where / and g are arbitrary functions of the indicated variables. Con-
sider also the equation

(2) y^^ΓHvs, , yn)gr}Ci{y^ , yn)

THEOREM 1. // (kv k2)=l and r ^ + s λ ^ l , then the distinct solutions
of (1) in F with xτx2^0 may be put in one-to-one correspondence with
the distinct solutions of (2) in F with yφO. Moreover, these solutions
of (1), xλx2φθ, may be determined from the solutions of (2), yj^O, and
conversely, by means of transformations (3) and (4) below.

Proof. Assuming for the rest of this section that
we put

ilt*, , yn)

(3) Xl^{ψ

Xi^Vi ( i = 3 , ••-, n)

and notice that if (y, y3, , yn) is a solution of (2) then (3) determines
a solution of (1). Now let

y
( 4 )

!/i=#i ( i = 3 , •••, n).

I t may be verified directly t h a t if (xlf x2, •••, xn) is a solution of (1)

then (4) determines a solution of (2). Fur ther , given a solution (xlf x2,

•••,#„) of (1) and a solution (2/, ?/3, •••, yn) of (2) with ^ = ^ ( ί = 3 , •••,

^ ) , then (3) implies (4) and conversely—which may be verified with the

use of the relation rkxΛ-sk2=l .
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