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A CHARACTERIZATION OF THE ADJOINT L-KERNEL
OF SZEGO TYPE

SABUROU SAITOH

Let G be a bounded regular region in the complex plane
and £(z, u) the adjoint L-kernel of Szegδ kernel function
ίt(z, ΰ) on G. Then, for any analytic function h(z) on G
with a finite Dirichlet integral, it is shown that the equa-
tion

(z)\2dxdy

\(h(z1)-h(z2))£(zί,z2)\ΐ \dz1\ \dz2
JdGJdG

holds. Furthermore, for any fixed nonconstant h(z), we show
that the function £{zuz2) on GxG is characterized by that
equation in some class.

1* Introduction and statement of result* Let S denote an
arbitrary compact bordered Riemann surface. Let W(z, t) be a
meromorphic function whose real part is the Green's function g{z, t)
with pole at t e S. The differential id W(z, t) is positive along dS.
For simplicity, we do not distinguish between points z e S U dS and
local parameters z. For an arbitrary integer q and for any positive
continuous function p(z) on dS, let Hq

)P(S)[p Ξ> 1] be the Banach
space of analytic differentials f(z)(dz)q on S of order q with finite
norms

{ If \l/p

— \ \f(z)(dz)q\*p(z)[iά W(z, t)]1-'
where f(z) means the Fatou boundary value of / at zedS. Let
Kq,t,p(z> ύ)(dz)q be the reproducing kernel for HlP(S) which is
characterized by the reproducing property

2π hs

for all f(z)(dz)qeHlP(S) .

See [9]. Let Lq>t>p{z, u)(dzY~q denote the adjoint L-kernel of
KqtttP(z, ύ)(dz)q. The function Lq>t}P(z, u){dz)ι~q is a meromorphic dif-
ferential on S of order 1 — q with a simple pole at u having residue
1. Moreover,

KqtttP(*, u)(dz)<p(z)[iά W(z, t)Y~*q

( 1 Λ ) - ±Lq,ttP(z, u)(dzy-q along dS .
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