THE INVERSE OF THE ERROR FUNCTION

L. CARLITZ

1. Introduction. In a recent paper [3] J. R. Philip has discussed
some properties of the function inverfc ¢ defined by means of

1.1) 6 = erfc (inverfe 6) .
Since
(1.2) 3T —erfe @) =@ — 2 4 & _ ¥ @
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it follows that

(1.3) inverfc 6 = u + -;Tua -+ —7—u5+
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‘where
u = 371 — 0) .

The coefficients in (1.3) are rational numbers. It is therefore of
some interest to look for arithmetic properties of these numbers.
It will be convenient to change the notation slightly, Put

cos—t%/2

(1.9) foy =" "at,
so that
fi@) = (£)7 - erte 27a)

-and let g(x) denote the inverse function :

(1.5) flgw) = g(f(w)) = u,
where

. [od u2n+1 .
(1.6) g(u) = "g.oAznﬂm A4, =1).

It follows from (1.4) and (1.5) that
(1.7) g'(w) = exp (3¢°(w)) .

Differentiating again, we get
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