Mabuchi, T.
Osaka J. Math.
39 (2002), 49-57

A THEOREM OF CALABI-MATSUSHIMA’S TYPE
TosHki MABUCHI
(Received May 30, 2000)

1. Introduction

In this note, we introduce the concept of the Einstein camdlifor a special type
of conformally Kahler manifolds, called multiplier Hermitian manifolds fi]. Then
for such manifolds, an analogue of the theorems of Calabiafid Matsushima [8]
will be proved.

For ann -dimensional compact connectedher manifold M with Kahler form
wy, let IC denote the set of all &ler forms onM cohomologous to, We write
eachw € K as

w= V1Y g 5dz% ndZP
o,

by using a systemzt, z2, ..., z") of holomorphic local coordinates oW . L& =
Aut®(M) denote the identity component of the group of all holonhécpautomor-
phisms of M . For a holomorphic vector fiekl ad , we put

Kx ={w; Ly w =0},

where X, := X + X denotes the real vector field o associatedto . We say that
X is Hamiltonianif in addition to Kx # (), the holomorphic one-parameter subgroup

T = {exptX);t € C}

of G generated byX sits in the linear algebraic partf , i.er,dachw € Ky, the
holomorphic vector fieldX is expressible as

1 3., 0U, O
ra = — Po_w ___
grad; u, Tl; 8 928 970

for some real-valued smooth function, € C*(M), on M. Hereu,, is always nor-

malized by the conditionf,, u,, w" = 0. Throughout this note, we fix once for all a
Hamiltonian holomorphic vector field # 0 on M . In view of the moment map asso-
ciated to theT' -action o/ , botly := miny, u,, and/; := max, u, are independent



