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Introduction

Throughout this paper, S will represent a ring extension of a ring R with
common identity 1. Let / be a right ideal of R, and bR(I)={r^R\Rrc:I}. I
is called a prime right ideal, provided that if X, Y are right ideals of R with
XYal, then either Xdl or Ydl. It is clear that every maximal right ideal
is a prime right ideal. If / is a prime right ideal, then bR{I) is a prime ideal.
Next, let Rr be a ring. An i?-i?'-bimodule M is called a torsionfree R-R'-
bimodule if rM(X)=lM( Y)=0 for every essential ideal X of R and every essential
ideal Y oί Rf, where rM(X) (resp. lM(Y)) is the right (resp. left) annihilator of X
(resp. Y) in M, and M is called a finite normalizing R-R'-bimodule if there
exist elements aly a2, •••, an of Λf such that Λf=Σ?_ii2αί and 22^=0,22' for / =
1, 2, •••, 7z. Such a system {#,-},• is called a normalizing generating system of M.
Finally S is & finite normalizing extension of R if *S is a finite normalizing i?-i?-
bimodule.

In [1], [2], [3], [4] and [6], "cutting down" theorems for a prime ideals
were studied. In the previous paper [7], we have obtained a "cutting down"
theorem for a prime right ideal of a finite normalizing extension under the hypo-
thesis that the finite normalizing extension considered is torsionfree. The pre-
sent objective is to reprove the same without the hypothesis "torsionfree"; we
shall prove the following theorem.

Theorem. Let S be an arbitrary finite normalizing extension of R, T a ring
with RaTaS. If J is a prime right ideal of T, then there exist prime right ideals
K1} K2) —, Ks of R such that Π UiKi=jnR. In this case, bR(Jf]R)= Π UιbR(Ki).

1. Preliminaries

Throughout this paper, S will represent a finite normalizing extension of
JR, and T a ring with RczTdS.

Let P be a prime ideal of T. In studying P and T/P, one can usually
reduce problems to the case in which (1) S is a prime ring, and (2) A Π T(tP for


