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1. Introduction

An important question in the study of reaction-diffusion systems is the
identification of all steady states and the classification of their stability. In
this note, we give a contribution to this question for a class of systems with two
diffusing and reacting components.

(1.1) o, —d;Au; = f(u,, u,) (t=1,2)

in some cylindrical time-space domain QX (0, o) CR¥*!, together with zero
Neumann boundary data on the lateral boundary 9QX(0, ) and suitable
initial data on QX {0}. Then all equilibria of the associated system of ordi-
nary differential equations

(1.2) yi=fny) (@E=12)
are also spatially constant steady states of (1.1). Consider now the special case
(1-3) fi(ul) uz) = ui(aio_ailul—aizuz)

with a;;>0 for all 7,j . In this case, it turns out that the unique positive equi-
librium of (1.2) (if it exists) is globally asymptotically stable for (1.1) if and only
if it is so for (1.2). 'This will be the case if and only if

(1.4) fu s o s G

Ay Ay a4

see [12] for a detailed study and for results on other possible combinations of
coeflicients.

of.
Note that in this case 5;fL <0 for zj; such a vector field is called competi-
J

tive. On the other hand, it was shown in [11] that for competitive vector
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