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Introduction. Let F, be a finite field with ¢ elements, of characteristic
p. Let G be a connected, reductive linear algebraic group defined over F,
with Frobenius endomorphism F, and let GF denote the group of F-fixed points
of G. In [13], we investigated, under the assumption that the centre Z of G
is connected, the rationality-properties of the characters A" of G¥ induced by
certain linear characters A of a Sylow p-subgroup of G¥ and, using the results
obtained there, proved some propositions concerning the Schur indices of the
semisimple or regular irreducible characters of GF. In this paper, we shall
treat the general case, that is, the case that Z is not necessarily connected. The
main results are stated and proved in § 2. In particular, we get the following
(see Corollary 1 to Proposition 1, § 2):

Theorem. Any irreducible Deligne-Lusztig character +R% of GT ([4]) has
the Schur index at most two over the field Q of rational numbers.
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1. Some lemmas. Let G and F be as above. Let B be an F-stable
Borel subgroup of G with the unipotent radical U and T an F-stable maximal
torus of B. For a root @ of G (with respect to T'), let U, denote the root sub-
group of G associated with @. Let U. be the subgroup of U generated by the
non-simple positive root subgroups U, (the ordering on the roots is the one
determined by B). Then U/U. is commutative and can be regarded as the
direct product IT U,, where A is the set of simple roots. As FU.=U., F acts

aEA

on UJU.=]1] U, and this action is the one induced by the maps F: U,— FU,,
xEA

acA. Let p be the permutation on the roots ¢ given by FU,=U,, and let I



