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1. Introduction

Let gcd( ) denote the greatest common divisor of integers and. Define
functions and onZ2 by

( ) :=

{
1 if gcd( ) = 1
0 if gcd( )> 1
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∑
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( + + ′) ∈ N(2)

The following number-theoretic limit theorem is due to Dirichlet [4] (cf. [6, Theo-
rem 332]):

(3) lim
→∞

( ) =
6
π2

( ) ∈ Z2

Regarding (3) as a law of large numbers (LLN for short), it is natural to ask if a cen-
tral limit theorem (CLT for short) holds for . That is, for sufficiently large , is the
scaled function

(4) ( ) :=

(
( ) − 6

π2

)

approximately normally “distributed”? Here we consider “distribution” of , at the
suggestion of [2], [5] and [9], as follows: If the limit
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