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ON A CERTAIN HOMOLOGY OF FINITE

PROJECTIVE SPACES

HISASI MORIKAWA

1. We denote by Pn(q) the projective space of dimension n pver a
finite field GF(q) with q elements, and we mean by an i-flat a linear
subspace of dimension i in Pn{q). Denoting

Lt = L,(P"(g)) = {ί-flats in P»(g)},

Zq + ι = Zl(q + 1)Z,

Ci+1(Pn(q), z ι + 1 ) = { Σ o*\a. e z,+ 1},
σβLi

C4+1(P (g), GF(l)) = { Σ αoσ|α, e GF(0}

C,(P-(qr), Z ί + 1) = Z Q + 1 , C,{P\q), GFQ)) =

we have chain complexes

C,,+ι(P (g), Z ϊ + 1) ^ > C,(P"(g), Z ί + 1) -

( 1 ) - ^

Cn+1(P»(g),

where the boundary operators dt are defined as follows,

' 3ι( Σ σ,σ) = Σ a..
σβLo σβLo

In fact 3̂  o 3ί+i = 0, because for each pair a Z) λ(σ e Li7 λe Li_2)

| { τ e L M | i C τ C ( 7 } | = 9 + 1
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