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1. Introduction

Let 3? be the class of analytic functions Φi z) which are regular and of

positive real part in the unit circle \z\ <1 and normalized by 0(0) = 1. Several

distortion theorems have been obtained on various functionals in this class. In

a previous paper [4] we have dealt with mean distortion which generalizes a

classical theorem of Rogosinski [61

On the other hand, it is well known that the fundamental operations,

integration and differentiation, in ordinary calculus can be analytically inter-

polated to those of any real order. It has been shown in KJ that such fractional

calculus can be used in order to generalize the classical results on angular

derivative of Julia [3] and Wolff [7] or Caratheodory [1].

In the present paper we shall show that the notion of fractional calculus

is also useful in dealing with distortion theorems in the class 3ϊ. Though the

results which will be derived below are essentially involved in general theorems

obtained in [4], they may be regarded as an interpolating generalization of

some illustrating theorems given there. At any rate it will be of some interest

to point out concrete cases where the estimates in distortion inequalities are

expressed in terms of integrals of elementary functions.

2. Preliminaries

Since the unit circle is a convex domain, the fractional integration and

differentiation can be defined uniquely for any analytic function regular in the

domain as explained in [5] with respect to any reference point in the domain.

We suppose here that the reference point lies always at the origin.

Let now q be any positive real number and &~Q denote the integration of
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