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Abstract. In this paper we prove the uniqueness of solution for the problem 

-Llu = uP + ).u in n 
u>O inn 

u = 0 on an, 

where n c IRn is the unit ball with n ~ 3, 1 < p :::; ~ and >. > 0. 

Introduction. In this paper we consider the problem 

-~u =uP+ >.u 

u>O 

u=O 

inn } 

~:~n, 
where n = B(O, 1) = {x E lRn: lxl < 1}, n ~ 3, 1 < p ~ ~~~' >. > 0 and prove the 
uniqueness of the solution whenever existence of such a solution is known. Previous 
to this work, the question of uniqueness had been considered in [5] and the solution 
shown to be unique for p satisfying 1 < p ~ n~2 • In [3], uniqueness is proved for 
>. < 0 and 1 < p <!!H. n-2 

Even if we strongly exploit the fact that solutions are radial {[2]) as in [3, 4] our 
approach is different from both [3, 4]. Also our proof shows how Pohozaev's identity 
[5] enters even the question of uniqueness. In the next section we state and prove 
our main result. As already noted, since in our situation all solutions of Px are 
radial by [2], throughout the discussion we work in the space of CMn), the space 
of twice continuously differentiable radial functions. 

This work was done when the author was visiting the Scuola Normale Superi
ore, Pisa, under a grant from the CNR. The author wishes to thank Professor A. 
Ambrosetti for several useful discussions and the Scuola Normale for the hospitality. 

Commenting on the first version of this paper Professor H. Brezis drew the at
tention of the author to [7] where the same result has been obtained. However, 
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