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All Hubert spaces considered in this paper will be complex, and all 
operators will be bounded and linear. The algebra of all (bounded 
linear) operators on a Hubert space 3C will be denoted by £(3C). If T 
is in <£(JC) and 9TC is a subspace of 5C invariant under T then the 
operator in <C(£fïl) obtained by restricting T to 9ÎI will be denoted by 
T\WC. 

1. Introduction. Let T in <C(3C) be a contraction (i.e., | | r | | g l ) 
and suppose that the minimal strong unitary dilation U of T is the 
bilateral shift of multiplicity one. In [S], Sarason proves two remark
able theorems for such operators. The first (Theorem 1) describes the 
commutant of T in terms of that of £7, while the second (Theorem 2) 
gives a necessary and sufficient condition that an operator in the 
commutant of T be compact. In [4], Sz.-Nagy and Foiaç present a 
generalization of Sarason's first theorem to arbitrary contractions 
(cf. [2] for an elementary proof of the Sz.-Nagy-Foiaç theorem). 
Using the Sz.-Nagy-Foiaç result we are able to obtain a generalization 
of Sarason's second theorem. In this note we state this generalization 
and briefly outline the proof; complete details will appear elsewhere. 

2. Statement of the theorem. Throughout, 6 will denote a fixed 
separable Hubert space and H\ will denote the Hubert space of all 
weakly measurable, norm square integrable 8-valued functions ƒ on 
the unit circle with the property that the negative Fourier coefficients 
of ƒ vanish. We will denote by L£(fi) the space of all essentially 
bounded, weakly measurable £(S)-valued functions on the unit 
circle. The space H^Z) will be the subspace of L£(S) consisting of all 
functions whose negative Fourier coefficients vanish. For A in L£(s), 
A*(eu) is defined to be (A(eil))*. 

Let © in H^) be inner, i.e., let ®(eu) be unitary for almost all t, 
and let X = H\&®H\. We consider operators T which may be written 
in the form 

(1) T = PU+\W 

1 These results are part of the author's doctoral dissertation written at the Uni
versity of Michigan under the supervision of Professor R. G. Douglas. The research 
was partially supported by an NSF Graduate Fellowship. 
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