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There exist infinitely many numbers #2—2 having at most 3 prime
factors [1], [3]. We prove here that there exist infinitely many num-
bers p2—2 (p prime) having at most 5 prime factors; a similar result
with the bound 7 instead of 5 can be found in [5] and, under the
Riemann hypothesis, with the bound 5. We use the sieve-method,
essentially in the version of Jurkat and Richert as given in [6], and
also ideas of Kuhn, de Bruijn, and Bombieri.

Let

w(u): = u! for1 S 4 =2,

(ww(u)) : = wlu — 1) for u = 2,

D(u): =u for0=su=1,

(w'D(w))': = — u*D(u — 1) for u = 1;

here we take the right-hand derivative for integers #=0; let w be

continuous at # =2 and D be continuous at « =1. Define
Mu): = eu (uw(u) — D' (u — 1)) = 1)
A(w): = e'u(uw(u) + D' (u — 1))

where v is the Euler constant.

Let P be the set of all primes p= +1 mod 8; po: =1; denote by p;
the jth number of P in natural order. Denote by u the Moebius
function and by ¢ the Euler function; let
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Using generating functions we find
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