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Let #i, • • • , am be positive integers and 

(1) T(ah am) 
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for m > 0, 
[fll, • • • , a»n J 

1,1 for m — 0, 

where {#i, • • • ,#*•} denotes the least common multiple of «i, • • • ,ur. 
H. A. Heilbronn1 and H. Rohrbach2 proved that 

(2) 
T(alt • • • , am) à ( l ) (l ) 

\ ad \ amJ 
= T(ai) T(am). 

The object of this paper is to prove the following generalization of (2) : 

T(ah - - • , am, bh • • • , bn) è ?X#i> • • • , am)T(bi, • • • , 6n) 

for w ^ 0, w ^ 0. 
(3) 

!r(ai, • • • , am) may be interpreted as the density of the set 5 of all 
positive integers not divisible by any aM, that is, 

T(ah • • • , am) = lim z^Miz), 
Z—>oo 

where M(z) is the number of elements of 5 not exceeding z. 
For the proof of (3) we require the following lemma. 

LEMMA. If k ^ 0, / ^ 0, and (d, v\) = 1 for X = 1, • • • , I, then 

T(duh • • • , du*» vh • • • , vi) 

1 

(-7) r(*i, »i). 
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