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A well known theorem due to Littlewood, Wiman, and Valiron1 

states that for any integral function of order less than one-half, 

log w ( r ) > ( a positive constant) log Mir), 

on a sequence of circles of indefinitely increasing radius. I consider 
in this note a class of integral functions which have this property and 
prove the following theorem. 

THEOREM 1. Hypothesis: 
(1) (Rn) is any sequence of positive numbers such that i ? i > l , 

RJRn-i^\>l. 
(2) (pn) is any sequence of positive integers. 
(3) a n , #i2, • • • , aiPv #21, • • • » #2p2> * ' " are a se^ of points such 

that 0 < | #n | ^ | #121 ^ • • • and such that a finite number awi, • • • , anpn 

lie inside the ring (Rn — R%<\z\ < Rn) where 0 < a < 1. 
(4) fxn is a sequence of positive integers such that ^"pn/P1"1 is conver

gent, j8 being any constant greater than one. 
(5) The exponent of convergence of the points 

anT exp (27r*V/Mn), 

where r = l, 2, • • • , pn; p = 0, 1, 2, • • • , /z»—1; n = l, 2, 3, • • • , is p 
( O é p < ° ° ) . 

(6)2 Lower bound {/zn} â l + p . 
Conclusion : 
(7) The canonical product 

oo Pn ( ZM*A 

(8) /w = nni--i-
n ~ i ««i I an9) 

formed with these points as zeros is of order p; and the values of r = | z\ 
for which the inequality 

m(r,f)>CM(r,f), 
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1 G. Valiron, Lectures on the general theory of integral functions, pp. 128-130. 
2 It is possible to choose Rn, pn, and so on, satisfying the conditions (1) to (6). 

Example: #„=2 2 n ; pn*=n22n; jun=B2w. Here p - 1 . 
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