ON ANALYTIC FUNCTIONS WITH BOUNDED
CHARACTERISTIC

HANS FRIED!

A function f(re#), regular within the unit circle, is called a function
with bounded characteristic if

2
lim | log* | f(re'¥) | do
r—1 0

is bounded, where logt lf(re"d’)l =max (log|f(re"¢)!, 0). If f(z) is a

function with bounded characteristic, then
lim f(re*) = f(e*)
r—1

exists almost everywhere [1].2
In the first part of this paper we prove the following:

TreorEM L. Let {fu(2)} (n=1, 2, 3, - - -) and f(3) be functions
with bounded characteristics, let

27
log A, = lim f log* | fu(re') | do,
r—1 0

(1) 2r
log 4 = lim f log* | f(re'®) | dg,
r—1 0
and
(2) | f(e'%) = fa(ei#) | <, for & En, and let p, be the measure of E,.
If
(3) lim 7m," = 0,

7n—rw

and for every positive o there exists a positive integer n, such that

4) Ap <m. ™ for n>n,

then the sequence { fa(2)} tends uniformly to f(3) in any closed domain
interior to the unit circle.

Received by the editors January 8, 1946.
1 Deceased December 23, 1945.
3 Numbers in brackets refer to the Bibliography at the end of the paper.

694



