ON UNIFORM CONVERGENCE OF TRIGONOMETRIC SERIES

OTTO SZASZ

1. Introduction. The following theorems have been proved previ-
ously.!

THEOREM 1. If the function ¢(t) is throughout continuous, periodic of
period 2m, (t) =¢(—1t) =¢(2m+1),

1.1) () ~ % + X a, cos nt,
1

and if

(1.2) na, > — K,

for some constant K, and all n, then the series (1.1) is uniformly conver-
gent (on the real axis).

THEOREM I1. If f(¢) is everywhere continuous, periodic of period 2’

f@) =—f(-0),

1.3) (&) ~ > b, sin nt,
1
and if
(1.4) nb, > — K, n=1273"- -,

then the series (1.3) is uniformly convergent.

TuEOREM III (CHAUNDY AND JOLLIFFE). The Fourier series (1.3)
s uniformly convergent, if

1.5) by = byy1> 0, andif #nb,— 0.
Note that here no explicit assumption is made on f(¢).

THEOREM IV. If ¢(t) is continuous at t=0, and if
An
(1.6) lim lim sup Z(la,l—a,) = 0,
Al 70 n

then the series (1.1) is uniformly convergent at t=0. (That is, s.(t,)—s
whenever t,—0.)
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