A NOTE ON RIESZ SUMMABILITY OF THE TYPE ¢
FU TRAING WANG
Recently I proved the following result in the case r =2 (Wang [4]").

Let {0 be the rth Cesdro mean of the series Y peo@n. If 6 —s=o0(n—re)
0<a<l, as n— o, where r is a positive integer, and a, > —Kn*=1, the
series converges to sum s.

For the case r=1 this result has been established by Boas [1]-
His argument, however, does not seem to be applicable in any simple
way to the general case.

The object of this note is to prove a theorem on Riesz summability
of type e"®, and then to deduce the result above from a Tauberian
theorem of Hardy [2].

Let us put C,(w) =ae™ 4+ nco (€% —€"*)7a,. A series D meo@n is
said to be summable (e, 7) to the sum s if

(1) C.(w) = ser™ 4 o(e™").

The result by Hardy which is to be called upon is the following:
If the series Z;’,‘;oan, with terms a,= —Kn*1, 0 <a <1, is summable
(e™®, 1), it is convergent. We shall now prove the following theorem.

THEOREM. If ) —s=0(n—72), 0 <a <1, as n—> o, the series ) m—oln
is summable (e, 7) to the sum s, where T>r/(1—a).

To prove this let B,=(e“" —e")", ABn=LBn—PBns1, A™B,=A"B,
—A"B,41 and
35;” =Z:=0<n—1‘+7> Ay,
n—y

m = [w]. Then, by successive Abel’s transformations we have

Co(w) = aoe + 2 Batn
nm=]1
e "I oy oo@ i LW
(2) =ae  + 2, Sn A Bat D SmailhBuoi— 2, 5 AP
ne=1 im0 im0

aoefaa+f1+fz ""Js.
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