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De Paolis1 discussed the involutorial transformations associated 
with the congruence of lines meeting a curve of order m and an 
(m — l)-fold secant, while Vogt2 studied the transformation T for a 
linear congruence and bundle of lines. In the present paper the trans­
formations associated with the congruence of lines on a conic and a 
secant of it are discussed. 

Given a conic r, a line s meeting r once, and two projective pencils 
of surfaces 

|P w + m + i | : rnsmg; | K'+m'+i | : rn '*mY, 

where n^.m + 1, n'^m' + l, [r, s]=A, and g, g' the residual base 
curves. 

Through a generic point P , there passes a single surface F of | P | . 
The unique line t through P , r, s meets the associated F' in one resid­
ual point P ' , image (T) of P . The transformations to be considered 
are of three types : 

Casel. n = m + l,n' = m' + l. 
Case II. n<m + l, n'<m' + l. 
Case I II . w = m + l, w '<ra ' + l. 

CASE I 

Given 

\F2n\ : rW-ig; \FL'\ : r»V>'-y ; 

where g, g' are of order n2 + 2n — 1, n'2-\-2n' — I. The curve g meets r, 5 
in w2+2w — 1 , n2 — 1 points respectively. 

The conic r is a fundamental curve whose image (P_1) is R: rn+n'', 
since there are (TZ+W') invariant directions through each point on r. 
R is generated by a monoidal plane curve of order w+w' + l, one 
curve on each plane of the pencil (0rs) =w, as 0r describes r. The fun­
damental line s has for image (T~l) a surface S: sn+nf~1

y of which 
w+fi ' —2 branches are invariant. A is a fundamental point of the first 
kind, whose image (T~l) is the plane u : r. In the plane v : s and tangent 
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