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We propose to show here that the known estimate Sn = o(n) cannot 
be improved. To do this it is sufficient to show that there exists a 
sequence of functions ƒ»(#) for which there is a constant A such that, 

(i) 

and 

(2) 

(3) 

S»(f», 0)>An, 

Sr(fn, 0) —»• 0 a s V —> 00 , 

J \fn(x)dx | < 1. 

For, if (1), (2), and (3) are satisfied, then for every sequence of posi
tive numbers dny with dn—»0 as n—>oo, Hm sup ndn = <*>, we can choose 
a sequence of integers %i such that 
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(4) 

and 

(5) 

We notice that 

(6) Snj(Jni9 0) = — I fni(x)Dn.(x)dx < Tftj I I fni(x) I dx < vni} 

and this implies that the constant A in (1) is less than w. Then, if 
f(x) is defined by 

00 

ƒ(*) == Z) dnJni(x), 

ƒ(#) c i , since from (3) and (5) 

f | ƒ(*) | dx ^ £ dni f | fn4(x) | <** < — E 3-« = 
• / -TT 1=1 • ' - T TT t = l 
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