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The length of the arc of an asymptotic curve is given by 
the integral 

Jv VÇ^W{l + X~-v)(l-X + vy 

Introducing the ^-function with the invariants ff9 = jp, 

^, = 0 , ^ 6 , = ^ , e , = 0 , *, = - ! , ( F = ^ = | ) , we 

obtain : 
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T H E expression 
n 
IIcr(u — b\)/cr(u — a*) 

A = l 

is an elliptic function of u if 

The sum of the residues is zero; that is, 

* ' X=IÖ-(«A — ax)... 1 . . . <r(a* — a«) 

Being now only concerned with differences, we can, by a 
suitable addition to each a and b, write 

(2) 2ak = ^ A = 0. 

When n = 2, the equation (1) is in no way characteristic 
of the cr-function, but is true of any odd function. 

When n = 3, (1) becomes 

a(ax - JJcrfo - décria, - \)a{a^ - a,) 
(3) + <r(aa - bjcfa - ft,)0!^ - ft8)o-(ö53 - aj 

+ °"K - &iM«. - ft»Ma, - &,M«i - «,) = o. 


