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ABSTRACT. In this note we study the a.e. convergence properties of certain rearrangements of the Walsh-Fourier series, and
maximal functions of the Hardy-Littlewood type that arise from
these rearrangements.

The rearrangements are defined as follows. Let rn be the «th Rademacher
function. For 7V=1, 2, •• -, let aN be a permutation of the nonnegative
integers such that aN(j)=j for all j^N. If 2N^n<2N+\ H=2JIO^2>',
where ^ = 0 or 1 if Org/^iV— 1, and eN=l, we define
N

ïn = I l K'jU).
We also define <f>0=l and <£i=r0.
If GN is the identity permutation, JV=1, 2, • • • , we recover the Walsh
system. If aN(j)=N—j—l, 0^j^N—l9
{c/>n} is the Walsh-Kaczmarz
system. (See [1], [8] and [12].) In general, the system {cf>n} is a rearrangement of the Walsh system within dyadic blocks of indices 2N^n<2N+1,
7V = 1,2,---.
We have the following result on the a.e. convergence of Fourier series
with respect to {</>n}. For ƒ G L^O, 1), let Snf= 2£o & Jo/fo dt denote the
nth partial sum of the Fourier series off with respect to {(f>n}9 and Mf=

supjsjn.
1. There are absolute constants C and C^ such that
(a) | | u / / | | p ^ C J / H , , / e L » , 2 ^ / > < o o .
(b) m { M / > ^ C exp(-Cj/|| ƒ |L), 7 > 0 , ƒ 6 1,°°.
This implies the a.e. convergence of Snf to ƒ for ƒ e Lp, 2^/?<oo.
If we restrict ourselves to a subclass of rearrangements, we obtain better
a.e. convergence results. We say that the permutations {aN} satisfy the
THEOREM
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