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If <l>(x) is a continuous function on (— oo, oo) then we denote by 
V[</>] the number of variations of sign of <j>(x) on ( — oo, oo). A meas­
urable function G(x) on (— oo, oo) such that 

G{x) > 0, f G(x)dx = 1, 
J —00 

and such that 

V[G*<I>] S V[<f>] 

for every bounded continuous 0 will be called a variation diminishing 
•-kernel. Here 

(1) G * 4>- (x) = j G(x - y)<t>(y)dy. 
J —oo 

I. J. Schoenberg has proved that if G is a variation diminishing *-
kernel then 

£ G(x)e~ixtdx 

is of the form 

(2) Lc<2+*< H (i - . ! i \ ^/«*1 

where the ak's are real and ^2k <h2 is finite, 6 is real, and c is real and 
non-negative. Conversely every function of the form (2) is the Fourier 
transform of a variation diminishing *-kernel. See [8] and [9]. 

In the present note we will sketch an analogous theory in which 
certain convolutions of functions on (0; oo), associated with Hankel 
transforms replace the convolution (1). 

Let 7 be fixed, 0 ^ 7 . We define 

T(x) = 2 ^ / ^ ( 7 + \/2)xW-yJy-.m(x), 

M (a) = tf2rH/27+i/2r(7 + 3/2). 

Let L be the set of measurable f unctions ƒ (x) on (0, 00) for which 
So \f(%)\dv(x) is finite. For f£L we set 
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