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1. Let {\.}, {ua} (®=1) be two given sequences of positive num-
bers increasing to infinity, and let §>0. We call the triplet {3, A, ta
a label. If s is a complex variable, s =047, we speak of a solution of
Riemann’s functional equation

an e 5)9(6) = ae-nim {—;— 6= 9} - 9,

pertaining to the label {6, Ny u,,}, if there exist two Dirichlet series
&(s) = D N, ¥(s) = D_baun® (an and b, complex) which do not van-
ish identically, and which admit finite abscissae of absolute conver-
gence, and a function x(s) which is holomorphic and uniform in a
domain [s] >R, such that lim, ., x(0+27) =0 uniformly in every
segment o1 <0 =03, and such that, for some pair of real numbers «, £,
we have

1
2T (7 s) #(s), for o > o,
x(s) = 1
a—(@=a) 2] {_2_ 6 - s)}¢(a - 5), for e < B.

In three papers published recently, Bochner and Chandrasekharan
[2], Chandrasekharan and Mandelbrojt [3], and Kahane and Man-
delbrojt [4], have studied the problem of finding an upper bound for
the number of linearly independent solutions of equation (1.1). Their
results enable one to establish in certain cases a unique solution, and
in certain others to deduce that the sequences {\.}, {1} are periodic.
In this note, which is a sequel to [3], we shall consider certain simple
conditions which would ensure that 6=1. Let

D¢ = lim sup (n/p»), hy = lim inf (pny1 — ua).
We prove the following results.

THEOREM 1. If hy-h,=1, 8 is an odd integer, and equation (1.1) has
a solution, then Npp1—MNo=hr, and pni1—pn=~"h,, for every n=1. In
particular, if lhh=h,=1, § is an odd integer, and equation (1.1) has a
solution, then Npy1—Na=1, and ppy1—ps =1 for every n=1.
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