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If the roots of the partial sums of a power series f(z) =^anzn lie
in a sector with vertex at the origin and aperture a < 2x, the power
series cannot have a positive finite radius of convergence. 2 But if f{z)
is an entire function, the roots of its partial sums may lie in such a
sector. The question arises : what restrictions are imposed on f(z) by
the requirement that a be sufficiently small, say a<7r? According to
a theorem of Pólya the order of f(z) must be not greater than 1 if the
radius of convergence of the power series is positive. 3 Without this
assumption the investigation which follows shows that if a<Tr1f{z) is
an entire function of order 0. This result was obtained by Pólya for
the case in which a = 0. 4
LEMMA. If the complex numbers z\, • • • , zn (zi • • • zn^0)
sector with vertex at the origin and aperture a<ir, then
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When a = 0 equality occurs if and only if Zi= • • • =zn. When a>0
equality occurs if and only if n is even and n/2 of the numbers are equal
to rei<f> (r>0; 0^(J><2T) and the other n/2 numbers are equal to rel^+a).
Suppose first that the sector is — a/2 ^ a m z^a/2.
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