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a m = #121 = #212= 1 • T h e t r i l inear form associated wi th this ma t r ix 
is x1yiZ2+Xiy2Zi+X2yiZi, which is equ iva len t to L under the t r ans 
format ions Xi = xi, X2 = x{. Since the matr ices of 5 and K can 
be taken to be the same, the factorization rank of 5 is 1. We 
have proved the following result. 

THEOREM. The factorization ranks of the forms in the sets 
(K, 5), (R, P , H), and (Z,, Q) are 1, 2, and 3, respectively. 

The equivalence of cubics to P , Q, S can be recognized very 
simply without the use of factorization rank from the theory of 
my previous Bulletin paper. 
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Let C be a rectifiable Jordan curve of the finite z plane. We 
shall say that a function f(z) belongs to the class Lip (C, j , a) 
if ƒ (z) is regular in the limited region bounded by C (which we 
shall call the interior of C), if f{z) is continuous in the cor
responding closed region, and if the jth. derivative of f(z) is also 
continuous in this closed region and satisfies a Lipschitz condi
tion with exponent a on C: 

| / ( / ) (z i ) ~ / ( / ) f e ) | ^ M\z1-z2\°, 

Si, Z2 on C. The number a will be positive and not greater than 
unity. The number j will be a positive integer or zero ; we de
fine f(0)(z) to be identically f(z). The object of this note is to 
establish the following existence theorem. 

THEOREM. Let the point set S consist of a finite number of closed 
limited Jordan regions of the z plane bounded by the mutually 
exterior analytic curves CV, C2, • • • , C\. Let the functions 
fi(z), h{z), - • • , f\(z) belong respectively to the classes 

Lip (Ci, j , a), Lip {C2J, a), • • • , Lip (C x , i , a), 

* Presented to the Society, December 31, 1935. 


