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point of ac with a point of b and join a point of ¢b with a point
of ¢. Let x1 in ab, x5 in ac, be the points where this line meets
these spaces. The line then contains x, x1, %2 all in @, where al-
though x: and x; might coincide, neither could be x. But then
the line would lie wholly in @, contrary to hypothesis. Hence
x(ab+ac) =0, and (2) is established. Likewise y cannot be in
ab-+bc. For if it were then x4y would be in a+ab+bc=a-+be,
contrary to hypothesis. Thus (4) is established, and (6) follows
similarly. Hence for ¢ to fail to be distributive in the second
sense implies Case A. Conversely given Case A, then a fails to
be distributive with respect to b and ¢ in the second sense. In-
deed y will then be in a+b and also in x4y which is in ¢ +¢. But
vy will not be in a+bc. For v is in b, but not in ab+ bc, hence not
in ab nor be, hence not in @ nor bc. If y were yet in a+bc, there
would be a point # in a, and a point v in bc such that y would be
in #4+v. But y and v are then distinct and are both in 5. Hence
u-+visin b, and # is in b. Hence « is in ab. Hence y would be in
ab-bc contrary to hypothesis. Hence Case A is a necessary and
sufficient condition that a fail to be distributive with respect to
b and ¢ in the second sense.

Since Case B is necessary and sufficient for a to be distributive
with respect to b and ¢ in the first sense and again also in the
second sense, Theorem 1 is proved. Since this Case B is sym-
metric in a, b, and ¢, Theorem 2 is proved.
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1. Introduction. Various non-tentative methods of factoring a
given odd number N, based on the expansion of N'/2in a regular
continued fraction, have been described.} The success of most
of these methods depends on the appearance of a perfect square
among the denominators of the complete quotients. In practice,
however, such an event occurs all too infrequently. More often
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