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J. Garćıa Azorero
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1. Introduction. In this work we look for positive (weak) solutions of
the following problems

−Δpu(x) + αup−1(x) = λh(x)uq−1(x) + g(x)ur−1(x), x ∈ R
N , (Pλ)

with 1 < p < ∞, 1 < q < p < r < p∗, where

p∗ :=
{ Np

N−p , 1 < p < N,

∞, p ≥ N,

λ is a real parameter, α ≥ 0, h and g verify some integrability conditions.
When p = 2 the problem corresponds to the classical Laplacian and also in
this case the results are new. We will study three different cases:

(I) The case where α = 1, h ∈ Ls(RN ), for all s ∈ (1,∞], and g ∈
Lt(RN ), where t is an exponent that will be made precise later. We
look for solutions u ∈ W 1,p(RN ).
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