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4. When orthogonal trajectories of the hypersurfaces
const, are geodesics, (1.2) reduces to the form

(4.1) ; Pg.v.+,

namely aa is a torse-forming vector field. In this ease, since vx is

proportional to z and consequently v vxB x 0, (1..6) beeome

R BBZR+g.
Thus we have

Theorem 4.1. When orthogonal trajectories of the totally
umbilical hypersurfaees e(xz) eonst, are geodesics, in order that
the hypersurfaees e(xx) eost, ae Einsteia spaces, it is necessary
and sufficient that the tensor H takes the form

H ug+ +
Cot. 1. If is a torse-forming vector field d H ugx

+gza, then the hypersurfaces (xx) = const, are Einsin spaces
Cot. 2. If an Einstein space admits a torse-forming vector

fild ,, then the hypersurfaces (xx) const, are also Einstein
spaces.

We consider next a conformally flat space admitting a torse-
forming vector field.

Differentiating (4.1) and substituting the resulted equations in
Ricci identities ;--; --R, we have

(4.2) --R (e--e.)g.--(p,-p)g.+(-).

Multiplying by z and summing for a, we have

(e +)-(e+.). o,
from which follows that +z.% is proportional to ,, that is,
2, az,--g,, where a is a certain scalar. On the other hand,
multiplying (4.2) by g and summing for and F, we have

aR, (n--1)(p-p)+zx--zxz,

Thus we obin the equations of the form


