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§1. Let f(®), —wo<x<+c, be a function satisfying the
following conditions:

(L.1) S+ 1)=f(),

and

(1.2) / ' f@)dw=0, / Fr@)do=1.
Further, let us puto '

(1.8) o= [ @—a@)| dx)”

where s,(xr) denotes the n-th partial sum of the Fourier series of
f(@).

The following theorems were proved for the sequence {n,} of
integers which has the Hadamard gap.

Theorem of M. Kac, R. Salem, and A. Zygmund [1]. If

1.4) w(n)=0(1/(log n)*), a>1 (n—>+ »)
and

(1.5) Sen(log n)y*< oo,

then the series

(1.6) > oS (n,2)

converges almost everywhere.
Theorem of S. Izumi [2]. If

@a.7 o(n)=0(1/n%), a>0 (n—>+ )
and
(1.8) Stei(log, m)* < + o0,

then (1.6) converges almost everywhere.

The purpose of this paper is to generalize above results. Follow-
ing G. Alexits [8], we shall say that a sequence {a,} is A(n)-lacunary
if
(1.9) [the number of n’s such that a,==0 for 2*<n<2**']=00(k))

(b—>+ o),
where {i(n)}(n=0,1,2,...) is a non-decreasing sequence of positive
numbers.

In the following, we shall assume that the sequence {a,} is
A(n)-lacunary and treat the convergence problem of the series

(1.10) S auf (ko).



