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1. Let 0<o<], t>2, XY =1{*/42% ay=t/2x, and put
(1) C(S)=§ n=+X(8) ;n*“+E(s, x),
nsx nsy
(8)= é}xd(n)n"+ X(s) gyol(n)n"1 +D(s, X)
where d is the divisor function and X(s)=2'*-!sin (sz/2)I'(1—s).
Hardy and Littlewood [1] proved that

(2) E(S, x)<<x—o+tl/2—nya-1
as well as

Ds, X)<<X’/2‘”(X—‘:Y—)m log ¢.

Later Titchmarsh [5] replaced the latter by

(3) D(s, X)K (X+Y)"*- log ¢.

Also we should note that Jutila [4] remarked recently that (3) is a
consequence of Voronoi’s summation formula.

The arguments of these authors are rather elaborated, mainly
because they treated *(s) directly, i.e. without recoursing to the known
approximations for £(s). Here we shall show that if we make use of
Dirichlet’s device:

(4) 220, =2 3 3 Gun— 25 DL G,

n<N n< VN m<N/n n< VN m< VN
then, as far as the most interesting case X=Y =t/2r is concerned, (3)
is a quite simple consequence of (2).

For this end let U=t/2r, u=+/U. Then by (4) we have
> dm)n-t421%(s) 3, dm)n'!
n<U nsU
=23 m™* >, n420(s) XS mt > ntt

m<u n<U/m m<u nsU/m
_ (méwm-s)z _ xz(s)(gums-l)z.
And by (1) this is equal to
2 ; m={E(s) —x(s) ; n-'—FE(s, U/m)}

+214(s) 5 m LA =)~ 1 —8) T n~ ~ B —s, U/m)}

n<m

+21(8) 3 mg} n' ' — () —E(s, ).

mIu

Then, after some rearrangement, we get



