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1. Let V. be an n-dimensional Riemannian space with the
fundamental tensor g, (a,t*,v,... 1, 2,..., n) and assume that
there exists a family of totally umbilical hypersurfaces

(1.1) ,(#) const..

If we denote the parametric representation of its hypersurfaces

by = i,
then from (1.1)we have by differentiation with respect to #

xB" -- 0,

xx Furthermore differentiatingwhere 0--’ B;x --7"
with respect to , we have

: B;x Bj + Hj 0,

where H;jx is an Euler-Sehouten’s curvature tensor. If we denote
the fundamental tensor and normals of the hypersurfaees by g,
and Bx respectively, we have, because of H;jX= Hg, Bx,

,r.: B Bj + Hr BXg. = O,

from which follows

(: + Ha B g) Bix B 0.

Consequently ,: must take the form

(1.2)

where =--H, B and vx is a certain vector.
Conversely, if (1.2) holds, we know easily that the hypersur-

faces ,(xx) const, are totally umbilical.
Differentiating (1.2) and substituting the resulted equations

in Ricei identities :--*x:----o-.,R.%, we have

(1.3)

"e and Bz g.B weIf we put V’" Bz, where =,
have from (1.3)


