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The purpose of the present note is to show that any regular
T-space containing a regular T-space R as a dense subset can be
obtained by constructing the simple extension of R with respect to
some regular uniformity ’) and to discuss some other extensions
related to the simple extensions.

1. Regular uniformity.
Theorem 1. Let {1I,; a$2} be a regular uniformity of a space

R agreeing with the topology. Then the simple extension R* of R
with respect to {ll,} is characterized as a space S with the following
properties

(1) S contains R as a subspace.
(2) (S-R-G; G open in R} is a basis of open sets for S.
(3) Each point of S--R is closed.
(4) -- {S--R--U Uel} is an open covering of S.
(5) {S(x, );atg} i a basis of neighbourhoods at each point

x of S--R.
(6) S is complete with respect to the uniformity { ae9}.

Here the bar indicates the closure operation in S.
Proof. It is proved by I, Theorem 9 that R* has the properties

(1)-(6). Conversely, let S be a space with the properties (1)-(6).
For any point x of S--R, {S(x, ).R; ae9} is a Cauchy family

with respect to {1L} because of the regularity of {1,}, and hence
for any ae2 there exists B, eB and UeI such that S(S(x,).R,
l;v) U. Hence we have S(x, ).R S(S(x, ). R, v)S--R--U

S(x, ).
Since {} agrees with the topology of S,{S(x, ).R; ae2} is a
vanishing Cauchy family of R with respect to {1} such that x--
IIS(x, ).R. Therefore Theorem I follows immediately from II,
Theorem 1.

Theorem 2;. Let R be a regular T-space, and let S be any re-
gular T-space such that S contains R as a dense subspace and each
point of S-R is closed. Then there exists a homeomorphism q of S
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