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We prove the following theorem, which is an extension of Besi-
coviteh’s theorems?.

Theorem. Let a be a p-form® on an n-dimensional Riemannian
space C*,2 M, and Qiyiz...i, be its bounded coefficients which are defined
and continuous on M except at most at the points of a set Ey of (n—1)-
dimensional measure 0 and further which is totally differentiable and
satisfies

da =da =0
at every point except at most those of o set K, expressible as the sum
of an enumerable infinity of sets of finite (n—1)-dimensional measure;
then a ts harmonic (tn Hodge’s sense) on M.

Lemma. Suppose that F is a continuous additive function of an
inlerval in the space R.,, such that F(I)/[8(D)]* is bounded and which
Sfulfils the condition (1,) at every point except at most those of & set E¥ of
measure (A,) 0, where I is an arbitrary interval and 0<a<n, and that
g s a summable function. Suppose further that (i) (Q)F(x)>— o at
every point x except at most those of o set E¥F expressible as the sum of
an enumerable infinity of sets of finite measure (A.), and that (ii)
(Q)F(x)>9(x) at almost all points x ; then

FI) > | g do

for every interval I,

A particular case of this lemma is stated in Saks’ ‘“ Theory of the
integral ”’, p. 193. This lemma can be proved quite similarly. Also
for the notations and the terms used in it, see this book.

Proof of the theorem. We may clearly suppose that M is a
domain D on R, with the coordinate-system x,,s,...,x,> and D con-
tains the interval I,:0<2,<1, 0<52:<1,...,0<2,<1, and further
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