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3. Complex Numbers with Vanishing Power Sums

By Sabur6é UcHIYAMA
Department of Mathematics, Hokkaidé University, Sapporo, Japan
(Comm. by Z. SUETUNA, M.J.A., Jan. 12, 1957)

1. By 3,. we denote the set of systems of n complex numbers
(24 295+ +, 2,) With the property

stz\:.‘z,‘f:O p=m+1,m+2,---, m+n—1)
7=1

for a prescribed non-negative integer m.

In a course of their study of the theory of Diophantine ap-
proximations Vera T. S6s and P. Turan* were led to the problem of
determining all the systems in 3, ,, and proved that:
1° the systems in 3,, are given by the zeros of an equation

2"+a=0 (a arbitrary complex);
2° the systems in 3,, are given by the zeros of an equation

2n 'ff 2. +—aj;ﬁ=0 (@ arbitrary complex); and
! n!

8% the systems in 3,, are formed by the zeros of an equation
ot Hi('/l) IR : £0)] (l)

where H,(t) stands for tile yth Hermite polynomlal defined by
H()=(-1ye" L e,

2 denotes any zero of the equation ,M(t)_O and o is an arbitrary
complex number.

In the present note we wish to give a characterization of the
systems in 3, , for general integer values of m>0.

2. We define polynomials C,=C¢,,---,t,) (+=0,1,2,--+) by

(1) exp( -t W)z $ 6y,
p=1 =0 !
that is, by
<_ ﬁ)“‘<_t_z>“2. . .(4@)’“’”
C=y! 1 2 m
=0 mlpele e !

Wy k2ot M=V
It is well known that the Hermite polynomials H/t) (»=0,1,2,--+)
are generated by
eto-at — Z H(t)

v=0 y'
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