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1. Introduction. Let R be an arbitrary open Riemann surface of
finite genus g. We shall denote by & the class of semi-exact canonical
differentials” (or integrals of these) on R, and by é an arbitrary divisor
of finite order d[é] on R. Then, with differentials and integrals
(functions) of &, the following Riemann-Roch’s theorem was established
by Prof. Kusunoki:?

A[o-']—B[d]=2(d[6]—g+1),

where A[6°!] denotes the number of linearly independent (in the real
sense) functionse R, which are single-valued on R and multiples of 67,
and B[d] the number of linearly independent differentials ¢e&® which
are multiples of 0. If we take a divisor 6=P" (0=r=<g, PcR) we
have therefore B[ P"]>2(g—7), in particular, B[P?]=0. In the present
paper, we shall show that the set of the points where B[P?]=0 is
dense in R, and the properties of the points. Theorem 8 shows the
existence of parallel slit mappings under an additional condition on the
boundaries. And finally, some remarks on curves in R and points lying
on the boundaries will be given.

2. Theorem 1. The set of the points at which B[P7]=0 is
dense in R.

Proof. If the theorem is not true, there is an open set U in R
which does not contain any point where B[P?]=0. Let P, be an
arbitrary point in U. In terms of a local parameter 2=0(P)(@(P,)=0)
about P,, each of the 2¢g basis differentials® ¢,;e& (§=1,2,- -, 29) of the
first kind on R, can be represented as ¢,=f,(2)dz, where the f;(2)
(4=1,2,--+,29) are linearly independent analytic functions of z=x-+1y
about P,. We consider the following real function which is analytic
with respect to x and y:

V2a(z) = I RgaIggR%vI‘a’la e Rggllzg;l |
where

1) Cf. Kusunoki [8, pp. 241-242], and Nevanlinna [4].

2) Kusunoki [3, Theorem 8], and Kusunoki [2].

3) The existence of these basis differentials was verified in Kusunoki [8, Theo-
rem 1].



