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In his paper [2], R. M. Friedberg proved that a degree of
recursive unsolvability a is complete if and only if @ = 0'. The aim
of this note is to prove the following: for each degree a, there exist
nfinitely many independent degrees b, b,, +-+, b,, -+ whose com-
pletion are a tf and only if a=0". This will be shown as a
corollary to the following.

Theorem. For each degree a, there exist infinitely many
degrees by, b,, -++, b,, +-+ such that:

1) b,b, --,b,, -+ are independent,
(2) bi=b\J0=alJo’ for i=0,1,---, m, --

Let a(x) be a function of degree a. We shall construct a function
AxifB(x, 7) such that 2xAB(x, )(=pB,(x)) is not recursive in AxzB(x, 2+
89((z+1)~1))(=pB(x, 2)) and satisfies (2). And let b; be the degree
of Bi(x). As in [1], 2xiB(x, 1) is constructed by defining inductively
functions 4(s) and v(s) such that

B, ©)=(¥(8)),,; for each xz<y(s) and each 7<v(s).

1. First, we shall define a recursive predicate comp (s,, s,) and

function ¢(e, v) of degree 0’ as follows:
ComD (8, 82) = (Uy)u, <antop(Ue)uy<in oy (Wo)ug<min(intsp,ihtsy)
(804, %0 & (8)u, 70 & (81)u,=(82)u, ],
¢s(T'(s, e,6) & comp (s, v))
p(e, v)= if (Es)(Ti'(s, e, ¢) & comp (s, v)),
0 otherwise,
where T,( [] pi™*', e, x)=T (e, x, ).

U<
Now, Wg shall define the functions v(s) and «4r(s) simultaneously
by the induction on the number s, and put B(x, ¢)=(y(s)),,; for each
x<y(s) and each 7<y(s).
Stage §=0.

v(0)=0,
¥(0)=1.
Stage s+1.

Case 1: (Ey)T(B“(y, ), (s),, ¥(s), ¥).
This means that

(EY)ED)[D#0 & (1)iy((0):#0) & (D)ics(9)i<n((0):,;<2) &



