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37. On Some Properties of Orthogonal Functions.

By Satoru TAKENAKA.

Shiomi Institute, Osaka.

(Rec. Jan. 27, 1926. Comm. by atsusaburo F5w, M.I.h., Feb. 12, 1926.)

Let G be a simply connected domain bounded by au analytic curve
C of length on a Gasian plane and consider a set of functions V(z),
(r 0, 1, 2,...) which are regular and analytic for all values of z in C
and form a complete system of normalized orthogonal functions on C,
that is,

+V.() V(’)d t =0 for .,
=1 f =.

Then the series

V.(z)V,(a), (a in C)

is convergent absolutely and uniformly for all values of z in C and re-
presents a dfinitv function K(z, a), which is regular and analytic in C
and is defined only by the curve C; and a function f(z), which is regular
and analytic in C and is squarely integrable on C can be expressed by
the following formula )"

By making use of this formula we can prove the following theorem:
Theorem 1. If a st offunctions {f(z)} hav th protertie:

(i) f(z) is ’egular and analytic for all values of z n C,
(ii) f(a) = O, (a in C),

(iii)

thvn among sh functions the unique one which gives thv maximum of
lf I, e) by
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